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Abstract

The rise of intermittent electricity sources has increased the relevance of large scale energy storage
technologies. Semi-solid flow batteries are a promising technology for large-scale energy storage. In
search of a safe system with inexpensive components, a new semi-solid flow battery with an aqueous,
alginate-based electrolyte is studied. The electrolyte contains conducting carbon black particles to im-
prove electronic conduction. The energy efficiency of semi-solid flow batteries is diminished by internal
electric resistance and fluid friction. This thesis aims to contribute to a better understanding of these
two sources of energy loss. To this end, the rheology and electric field are modelled to find the internal
electronic resistance and pumping power under various flow conditions. Furthermore, an experimental
method for measurements of viscosity and conductivity, which are important inputs for the models, is
developed.

In this research, a lattice Boltzmann fluid dynamics model and a finite volume model for the elec-
tric field are developed and validated. The fluid dynamics model simulates the flow of the electrolyte
through the battery. Based on the flow field, the electronic conductivity in the flow channel, which is
a function of shear rate, is determined. The conductivity is an input for the finite volume model that
computes the electric field in the battery. The internal electronic resistance of the electrolyte is derived
from the electric field. Using this approach, the flow of the electrolyte and the electric field in the battery
are simulated for a range of inlet velocities. As the the viscosity and conductivity of the alginate-based
electrolyte have not yet been characterised, a nonaqueous carbon black suspension whose viscosity
and conductivity are known, is used as a replacement. For a flow channel with a length of 22.5mm, a
height of 5mm and a width of 50mm, the internal electronic resistance of the carbon black suspension
is found to have a minimum of 5 kX at zero fluid velocity. This is orders of magnitude higher than the in-
ternal ionic resistance of the membrane (0.1 X) and the electrolyte (0.9 X). lon transport therefore is not
a limiting factor for the reaction rate in this SSFB. The pumping power increases with velocity as a power
law with an exponent of »1.5. This steep increase should be taken into consideration when deciding on
the inlet velocity of the semi-solid flow battery. Developing a coupled electrochemical-transport model
is recommended to get a more complete description of the electrochemical performance.

Due to their different compositions, the replacement of the aqueous alginate-based electrolyte by a
nonaqueous carbon black suspension in all likelihood causes a significant deviation in the output of the
simulations. The viscosity and conductivity of the aqueous alginate-based electrolyte must therefore
be characterised to get a more reliable estimation for the electronic resistance and pumping power.
The proposed setup for these measurements is a parallel plate rheometer equipped with a dielectro
rheological device. It measures torque and conductance as a function of angular frequency. The
torque-angular frequency data can be converted into a viscosity-shear rate curve using an existing
method. For the conversion of conductance as a function of angular frequency into conductivity as a
function of shear rate, a dedicated algorithm is developed and validated. The error of the algorithm
was found to be well below 5 % for all validation cases. This precision is adequate for the purpose of
this study.
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Introduction

Over the past decades it has become increasingly apparent that greenhouse gases are responsible for
climate change. The Intergovernmental Panel on Climate Change reported in 2021 that greenhouse
gas caused by human activity is responsible for a 1K to 2K increase in global surface temperature.
This human-induced climate change is affecting weather and climate extremes across the globe [1].
The energy sector is a main contributor to greenhouse gas emissions: approximately 75 % of green-
house gas is emitted as a result of energy generation [2]. Driven by economic and population growth,
energy demand has risen over the past decades and is expected to keep rising. To meet the growing
energy demand while reducing greenhouse gas emissions, polluting energy sources must be replaced
with renewable energy sources. Renewable energy sources such as solar photovoltaics and wind have
experienced rapid growth and this growth is likely to continue [3]. Since these technologies are depen-
dent on weather conditions and season there is a demand for carbon free, large-scale energy storage
to balance the grid.

Large-scale energy storage technologies must be affordable, safe and have a long cycle life. Other
relevant criteria are power and energy density, availability of materials and recyclability. There is a
wide variety of carbon free, large-scale energy storage technologies such as pumped hydro stor-
age, compressed air energy storage, hydrogen and batteries. Each technology comes with its own
(dis)advantages and the preferred storage method greatly depends on the required capacity, power
and duration of storage. Flow batteries are a promising large-scale energy storage technology be-
cause their power and capacity are decoupled. Redox flow batteries have received a lot of attention in
the last 30 years. The vanadium redox flow battery is the most established flow battery with over 30
active installations across the globe [4]. However, due to a low energy density and expensive mate-
rials, its costs currently are too high to be competitive [5]. The semi-solid flow battery is a novel flow
battery concept with a higher energy density and thus potentially a lower cost of storage. This research
focuses on a semi-solid flow battery with an aqueous alginate-based electrolyte. This electrolyte was
chosen for its safe, abundant and affordable components [6].Internal resistance and friction diminish
the energy efficiency of semi-solid flow batteries. The goal of this research is to gain a better under-
standing of these two sources of energy loss and to evaluate how they are influenced by the rheology.

This chapter gives an introduction into semi-solid flow batteries in section 1.1. This is followed by
a review of large-scale energy storage technologies in section 1.2. Subsequently, section 1.3 gives an
overview of recent work on similar systems. The research questions and an overview of the project are
discussed in section 1.4.

1.1. Semi-solid Flow Batteries

Flow batteries are devices that convert chemical energy into electricity and vice versa via redox reac-
tions. Their working principle is similar to that of regular batteries, except that flow batteries have a
constant supply of new active material. Electrochemical energy is stored outside the battery in two flu-
ids that are kept in separate tanks. The fluids are electrolytes with active material (i.e. a redox couple).

1



2 1. Introduction

When pumped through the battery, the fluids react with each other to release energy (discharging) or
store energy (charging). The half cells are separated by a membrane that functions as salt bridge. The
two fluids contain different redox couples which results in a potential difference between the half cells.
If the two half cells are connected via an external circuit, redox half-reactions occur in the two half cells
and an electronic current flows between them. To balance this electron flow, ions move between the
half cells through the membrane. Depending on the external circuit, the fluids are either charged or
discharged. The storage of the fluids in separate tanks has several advantages compared to regular
batteries, whose reactants are stored inside the half cells:

 Battery power is decoupled from battery capacity: the power depends on the characteristics of
the cell while the capacity depends on the size of the fluid reservoirs. As a consequence, flow
batteries can be tailored to specific applications.

» Storage in tanks is cheaper than storage of reactants in batteries. Decoupling the power and
storage components thus comes with a cost benefit [7][8].

» Flow batteries are inherently safe. Thermal runaway is impossible as reactants are stored in
separate tanks [9].

Two types of flow batteries can be distinguished: Redox flow batteries (RFBs) and semi-solid flow
batteries (SSFBs). In RFBs the redox active ions are dissolved in the electrolyte whereas in SSFBs
these ions are stored in solid particles that are dispersed in the electrolyte. Their differences and
(dis)advadvantages are listed below:

» The energy density of SSFBs is not limited by ion solubility while that of RFBs is. SSFBs therefore
have an energy density 20 to 30 times that of conventional RFBs [10].

* Membranes of SSFBs are much simpler than those of RFBs. A porous separator that that blocks
solid particles and passes ions, suffices for SSFBs. RFBs require a more complex ion-exchange
membrane that blocks the active ions and passes other ions [5][11].

* In RFBs the fluids flow through a porous electrode. The reactions occur at the surface of this
electrode. In SSFBs, the porous electrode is replaced by conducting carbon black particles that
are dispersed in the fluids. These particles form electronic conducting networks to connect the
active material to the current collectors [12].

» While RFB electrolytes are solutions, SSFB electrolytes are suspensions. SSFBs therefore have
a higher viscosity and thus higher pumping losses compared to RFBs [11].

This research focuses on an SSFB with an aqueous alginate-based electrolytes and conducting carbon
black particles. Together with cations (positive ions) the alginates form hydrogels in aqueous solutions.
These hydrogels are the active part of this SSFB. Alginates are especially promising since they are
abundant in nature and non-toxic. The cations are iron and manganese ions, which are similarly abun-
dant in nature. Because of their aqueous nature the electrolytes are non-flammable.

1.2. Review of Large-scale Energy Storage Technologies

This section provides a concise overview of conventional and upcoming carbon free large-scale en-
ergy storage technologies. These technologies are compared qualitively to SSFBs, which helps to
understand the potential of SSFBs as large-scale energy storage method.

» With 93% of the total energy storage capacity in 2020, pumped hydro storage currently is the
most mature form of large-scale energy storage [13]. A pumped hydro storage system consists
of two large water reservoirs at different heights in which energy is stored as gravitational energy.
When there is a low power demand, water is pumped to the upper reservoir, and when there
is high power demand it flows back down, generating electricity via a turbine. Pumped hydro is
suitable for storage periods ranging from hours to years, depending on the size of the reservoirs.
Its advantages include a high round trip efficiency, long lifetime, fast response time and low stor-
age costs. However, since the development costs of pumped hydro storage largely depend on
geographical conditions, its applicability is limited [14].
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+ Compressed air energy storage (CAES) stores energy by compressing air in a reservoir. It has
a low energy density and thus requires large reservoirs to store significant amounts of energy.
Because artificial reservoirs are very costly, usually underground caverns are used for the storage
of compressed air. CAES is a very cost-effective energy storage method and is capable of storing
energy for periods of over a year. However, as a consequence of the use of natural reservoirs,
CAES too has geographical limitations [15].

» Cryogenic energy storage (CES) stores energy in liquified gases at cryogenic temperatures
[16]. This emerging storage method is attractive because of its long cycle life, cost effectiveness
and relatively high energy density. Its storage duration ranges from hours to months [17]. Main
drawbacks are a low round trip efficiency and safety concerns related to leakage [18].

» Batteries have a high energy density, an almost instant response time, a long cycle life and a
high efficiency. This makes them very suitable for mobile applications and applications where a
short response time is of importance. For grid scale storage of energy however, the need for rare
materials and high material, processing and maintenance costs pose significant limitations [18].

* Hydrogen is an upcoming large-scale energy storage technology with a high energy density
compared to other technologies. Hydrogen in the form of (compressed) gas or post-processed
into methane (synthetic natural gas) stores chemical energy. This makes it suitable for long
term storage and has the additional advantage that the energy can be easily redistributed over
large distances. Its disadvantages include a low volumetric energy density (at room temperature
hydrogen is a gas) and a low round trip efficiency compared to batteries. [19]

SSFBs have high efficiencies similar to those of pumped hydro and CAES. Its storage costs are higher
compared to pumped hydro and CAES, but a major advantage is the lack of geographical limitations.
Flow batteries have a higher round trip efficiency and faster response time than CES on the one hand,
but higher energy storage costs on the other hand [20]. Research by MIT [7] into the levelised cost of
storage shows that costs of both hydrogen and SSFBs decrease with discharge duration. For storage
periods of longer than a day, both SSFBs and hydrogen outperform regular lithium ion batteries and
vanadium redox flow batteries. This is mainly due to high cost of power related components, i.e. the
components related to the conversion of chemical into electrical energy. (Since SSFBs are still in an
early stage of development, the results of this feasibility study by MIT might differ significantly from
reality.) In regular batteries, power and capacity are intertwined while for both SSFBs and hydrogen
power and energy are scaled independently.

In conclusion, the best-suited technology differs per case, as a result of the diverse range of criteria at
play in large-scale energy storage. Given that the SSFB is still in its infancy, it is hard to predict its exact
performance and hence its competitiveness with other technologies. This thesis aims to contribute to
the understanding of SSFBs.

1.3. Recent work on Semi-solid Flow Batteries

In this section relevant recent work on SSFBs is presented. Since the focus of this thesis is the in-
ternal electrical resistance, this literature review concentrates on aspects of the battery that affect the
resistance.

1.3.1. Carbon Black Suspensions

As touched upon in section 1.1, electrolytes of SSFBs contain carbon black particles to enhance their
electronic conductivity. Carbon black particles cluster to form electron conducting networks. Above
a certain carbon black concentration (the percolation threshold), these networks span the entire flow
channel resulting in a steep electronic conductivity increase [21][22].

* In a study of aqueous dispersions of carbon black, the fluid was found to be non-Newtonian. This
means that the the fluid’s viscosity changes with shear rate. This behaviour is attributed to shear
induced changes in size and shape of carbon black microstructures. The study further found out
that, when varying the carbon black concentration, the percolation threshold was at approximately
the same concentration at which the viscosity shows a steep increase [21].
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» Other research into aqueous carbon black suspensions has shown that the pH influences the
viscosity and shear behaviour of the fluid. In basic fluids (i.e. > 7) carbon black suspensions
exhibit shear thinning behaviour. This is explained by an increased hydrophobicity of the car-
bon black and hence an increased tendency to agglomerate. Stronger agglomeration causes a
higher viscosity. Shearing the fluid decreases the agglomeration which results in shear thinning
behaviour. This effect is stronger at higher concentrations [23].

* Research into non-aqueous carbon black suspensions has demonstrated that both conductivity
and viscosity depend on shear rate. Again, the fluid shows shear thinning behaviour. The con-
ductivity is at its lowest at medium shear rates. At zero and low shear rates, the carbon black
networks are sustained, which comes with a high conductivity and viscosity. As the shear rate
increases, the continuous networks are broken up resulting in a sharp drop of conductivity as well
as viscosity. As shear rate increases further, another type of carbon black clusters form resulting
in a slight increase in conductivity. At high shear rates, only very small carbon black clusters re-
main resulting in a high effective density of carbon black chains which enhances the conductivity
further [22].

* Research by Narayanan et al. shows similar agglomerating behaviour in nonaqueous carbon
black suspensions. It additionally demonstrates a shear history dependence. This thixotropic
behaviour, too, is attributed to the formation and breaking down of carbon black microstructures
[12].

1.3.2. Electrolyte Composition
A wide range of materials has been considered for SSFBs. Some relevant compositions are listed
below.

* Non-aqueous SSFBs: Non-aqueous electrolytes generally have higher energy densities than
aqueous electrolytes. Energy density is the product of capacity and voltage. Owing to their
narrow electrochemical window, aqueous electrolytes impose an upper limit of 1.23 V on the cell
potential [8][24]. Major drawbacks of non-aqueous electrolytes are their flammability and high
costs [24]. Furthermore, carbon black conductivity in non-aqueous electrolytes at rest typically is
at least one order of magnitude lower than in aqueous electrolytes [5][7][22].

Non-aqueous electrolytes are often combined with lithium-ion battery materials as active particles.
This electrolyte could potentially reach energy densities that are sufficiently high for the use in all
electric vehicles [8].

* Aqueous ( )ao SSFB: The first aqueous SSFB was demonstrated in 2013 and
was based on the ( )Hao couple as active material. In addition to the experimental
study, a model was set up to simulate the flow and electrochemical behaviour [5]. This study un-
derlines the importance of properly choosing the operating conditions to maximise cell efficiency.
In addition, several parasitic reactions that degrade cell efficiency were identified.

. E SSFB with aqueous electrolyte: Manganese dioxide is an inexpensive and abundant
active material. This semi-solid electrolyte has been reported to have significant pumping losses
due to its high viscosity. These pumping losses increase the cost of power. Nevertheless, an
economical feasibility study has demonstrated that, mainly due to its low material costs, this
SSFB is more cost-effective than Li-ion batteries and Vanadium redox flow batteries for storage
periods longer than one day [7].

1.4. Thesis goal

To meet the need of cheap and safe large scale energy storage, an aqueous SSFB with an alginate-
based electrolyte suspension has been proposed. Internal electrical resistance and friction diminish
energy efficiency and thus increase the cost of power. This study aims to contribute to a better under-
standing of both internal electrical resistance and friction in SSFBs. Previous studies into carbon black
suspensions have shown that the presence of carbon black particles affects the viscosity as well as the
conductivity the slurry. This is attributed to the formation of carbon black microstructures. Shearing the
fluid reforms the microstructures, resulting in a conductivity and viscosity change [21][22]. Hence, the
rheological and electrical properties are intertwined. This leads to the following research questions:
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1. What is the internal resistance of an SSFB with alginate-based electrolyte and how is it influenced
by the rheology?
This question is split up in the following sub-questions:

(a) What is the flow profile and how does it depend on rheological properties?

(b) How does electronic conductivity relate to shear rate? Which other factors determine the
electronic resistivity? What is the electronic resistivity of the fluid as a function of location
and time?

(c) Which factors determine the internal ionic resistivity?

(d) How are the internal electronic and ionic resistance related to each other and to the total
resistance.

2. What is the required pumping power for an alginate-based SSFB?

1.4.1. Contribution to the Current State of Knowledge
To answer the research questions the following approach was taken:

* A two dimensional fluid dynamics model was developed to simulate the flow of the suspension
through the battery. This fluid dynamics simulation is capable of modeling non-Newtonian fluids.
Based on a direct relation between shear rate and conductivity, the conductivity as a function of
location was derived.

+ A finite volume model was set up to model the electric field in the flow channel and compute
the internal resistance. The conductivity field that was obtained with the fluid dynamics model is
an important input for this model.

+ Important inputs for these two models are the viscosity and conductivity as a function of shear
rate. An experimental method was developed to determine the viscosity and conductivity with
a rheo-impedance setup. Because these measurements do not directly yield the conductivity, an
algorithm was developed to convert the raw measurement data into a conductivity-shear rate
relation.

Figure 1.1 clarifies how the different components of this research are related to each-other.

In previous studies, many numerical models have been developed to describe the fluid dynamics and
electrochemical processes flow batteries. The models developed as part of this thesis differ significantly
from the models presented in this thesis:

* First of all, it should be noted that models of redox flow batteries cannot be straightforwardly
be applied to SSFBs because the electron transport through a sheared carbon black network is
different than that through a porous current collector.

 Li et al. set up a coupled transport and electrochemical model for an SSFB. The electron flow,
reaction kinetics and mass transport are described by a set of equations which is discretised and
solved with a finite volume method. Two flow types are modeled: Newtonian Poiseuille flow and
plug flow. The electronic conductivity of the suspension is taken to be constant [5].

* A coupled computational fluid dynamics and discrete element method was proposed by Heidarian
et al. to simulate slurry electrolytes (i.e. water with carbon black particles). While in most other
studies the electrolyte is described on a macroscpic level, Heidarian et al. model the carbon
particles separately. The interactions and charge transfer between carbon black particles deter-
mine the electronic conductivity of the slurry. A shortcoming of this model is that the electrolyte
is assumed to be a Newtonian fluid [25].

» Most other numerical studies of SSFBs employ a finite element method (using COMSOL Multi-
physics software) to solve a system of differential equations for the fluid dynamics and electro-
chemical behaviour. These models incorporate complex rheolocial behaviour (e.g., power law
fluids), but do not account for a shear rate dependent carbon black conductivity [10][26][27][28].

The models developed in this thesis are capable of simulating a wide range of fluids, including strongly
shear thinning fluids that cannot be described by a power law relation. In addition, they implement a
conductivity that varies with shear rate.
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Experiment: | Viscosity vs. i Fluid dynamics simulation
Viscosity measurements shear rate i (Lattice Boltzmann Method)
Rheo-impedance Flow field:
measurement setup g —> Shear rate y(x) as function of i
coordinate |
Experiment: Conductivity vs. ! Combine
Conductivity measurements " shear rate :

Conductivity profile o(x)
(conductivity as function of coordinate)

Finite volume model for internal
resistance

Figure 1.1: Overview of how the different aspects of this research are related to each other.

1.4.2. Thesis Outline

This thesis is structured as follows: first, the theoretical background for this thesis is presented in
chapter 2. Subsequently the fluid dynamics model and the electric field model are described in chapter 3
and 4 respectively. Chapter 5 discusses the experimental method for rheo-impedance measurements.
The results are presented and discussed in chapter 6. Finally, chapter 7 presents the conclusions and
gives recommendations for future research.



Theory

Rheological and electrical properties of SSFBs are intertwined. The electronic conductivity depends
on the flow behaviour of the electrolyte. Consequently, in order to analyse the internal resistance of
SSFBs and its dependency on rheological properties, the fluid dynamics must be characterised first.
This chapter explains which battery properties play a role in the internal resistance and how they are
related to each other. Furthermore it provides the theoretical framework for a fluid dynamics model and
a model for the internal resistance.

First, the working principle and chemistry of the alginate-based SSFB are explained in section 2.1.
Subsequently section 2.2 provides a theoretical background in fluid dynamics and introduces the com-
putational method. Then, section 2.3 elaborates on the internal resistance and discusses the numer-
ical method to determine the electronic conductivity of carbon black networks. The electrochemical
performance of SSFBs is considered in section 2.4. Finally, section 2.5 discusses the relevant fluid
characteristics.

Storage tank Storage tank

Fe(Il) — Alg + | Load (discharge)/

Fe(III) — Alg

Na*t CI~ source (charge) Na*  cI-
CB
____________ Current
collector
TN
)
-------------------------- Membrane pﬂump
TN
1) — Alg +f‘ < Mn(I1) — Alg [4m)
- __Current &u —
collector pump
Mn(III) — Alg Mn(II) — Alg
Na* cl~ Na* cl-
CB Discharging CB
S EE——
—
Storage tank Charging Storage tank

Figure 2.1: Schematic illustration of an SSFB. The electrolytes are stored in separate tanks and pumped through the battery
where they are (dis)charged.
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2.1. Working Principle of Alginate-based Semi-solid Flow Battery
An SSFB consists of two half cells through which an electrolyte suspension flows. The half cells are
separated by a micro filiration membrane. Opposite to the membrane, both half cells are flanked
by current collectors. The electrolyte consists of water, active material, carbon black particles, and
dissolved ions. A schematic representation of the SSFB is given in figure 2.1. The active material is
an alginate hydrogel with redox-active cations. The hydrogel forms bulbs that are too large to pass the
membrane. The two half cells contain different redox-active cations, as a result of which a potential
difference is induced. A positive redox potential means that the reaction occors spontaniously when
connected to an external circuit. In case of a negative potential on the other hand, the reaction must
be driven by an external voltage. In the reaction one of the cations is oxidised releasing an electron,
while the other cation receives an electron. The carbon black particles form a conductive pathway for
electronic current between the hydrogel bulbs and the current collectors. The external circuit connects
the two current collectors. The micro filtration membrane functions as salt bridge. The dissolved ions
can easily pass the membrane to preserve electric neutrality in the half cells.

2.1.1. Chemical Composition

Alginates are anionic polysacharides that occur in

brown algae. Together with certain multivalent cations M}/
they chelate and form hydrogels [29]. The positively \/W‘ 2
charged cations attract the anionic alginate chains. In o ~
this manner they can connect multiple alginate chains 2/\/\/\/\f )
to each other. The properties of the gel are mainly (\O/%@ - (
governed by the type and number of cations. Differ- _) L/ ‘6\

ent cations have different binding modes with the algi- ] 6% Alginate chain
nate chains such as the well known ’egg-box’ structure jg Cation

[30] or the ’3D valent binding structure’ [31]. When }

the cations are chosen appropriately hydrogels can Figure 2.2: Schematic representation of an alginate hy-

be used as active material in a battery. In this re- drogel. The alginate chains (represented by black lines)
search the cations are iron ( / ) and Manganese are crosslinked by divalent cations (represented by blue

( /" )ions. Each ion binds to two anionic (nega- dots).
tively charged) groups at alginate chains. In case of
the trivalent ions ( and ), a nearby clorine ion () ensures local neutrality by compensating

for the 3 positive charge. In this early stage of research it is unknown where exactly the chlorine ions
are located. A schematic representation of part of a hydrogel with egg-box structures is shown in figure
2.2.

The reduction and oxidation reactions are given by equations 2.1 and 2.2 respectively.
()X % () + (2.1)

() + % ()t (2.2)

The reactions have standard reduction potentials of 0.77V and 1.54V respectively. The total reaction
is given by equation 2.3.

()& + ()£ Y ()£ + ()E (2.3)

The reaction occurring from left to right has a positive overall potential meaning energy is released in
the reaction. This is a discharge reaction. The reaction occurring from right to left, on the other hand,
has a negative overall potential and thus absorbs energy. This is a charge reaction.

2.1.2. Electron Transport

During the reaction, the reductant in one half cell loses and electron and the oxidant in the other half
cell gains one. Electrons are transferred between the half cells to enable the half reactions. The elec-
tronic resistance is the resistance related to the path of the electric current between the locations of
the half reactions. It comprises the charge transfer resistance, carbon black resistance and the resis-
tance of the external circuit. The former two are internal resistances. The charge transfer resistance
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is the resistance related to the electron transfer between the cation and the carbon black network. It
depends on the reaction mechanism, on the local chemical composition of the fluid and on the distance
between the carbon black particles and the reacting cation. The carbon black resistance is the ohmic
resistance of the carbon black network. As pointed out in section 1.3 carbon black particles cluster and
form microstructures. When the carbon black volume fraction is above the percolation threshold, the
carbon black particles form networks that span the entire cell, resulting in a considerable conductivity
increase. The carbon black conductivity depends on many factors including the size and shape of the
microstructures and the composition of the surrounding medium.

Experiments have yielded values of several mS/cm for the electronic conductivity of carbon black
networks in aqueous suspensions at rest [5][7]. A study of non-aqueous carbon black suspensions
has found values that were at least one order of magnitude lower. Additionally it demonstrated a
strong shear rate dependence of carbon black conductivity [12]. This phenomenon is attributed to the
shear rate dependent size and shape of the carbon black miscrostructures. Measurements to eval-
uate the relation between shear rate and conductivity in in aqueous carbon black suspensions have
not been performed yet. Nevertheless, since the electronic conduction in agueous and non-aqueous
cabon black suspension is based on the same principles, it is expected that shear rate plays a role in
the conductivity of aqueous suspensions too [21][32].

2.1.3. lon Transport

During operation of the flow battery, ion transfer between the half cells is necessary to conserve charge.
Dissolved chlorine () and sodium ( ) ions fulfill this role in alginate-based SSBFs. The ionic
resistance is the resistance associated with the path of the ions. lon transport in the electrolyte is
described by the Nernst-Planck equation (equation 2.4).

1 = YoE b o+ (2.4)

This equation gives the particle flux T as a function of charge , mobility , concentration , diffusion
coefficient , electric potential local fluid velocity 1. is the Faraday constant. The particles are
driven by a potential difference (migration), a concentration gradient (diffusion) and/or the local fluid
velocity (convection):

» Migration is responsible for the transfer of ions between the half cells. During the reaction, a
divalent cation releases an electron and becomes trivalent. To prevent local charge imbalance,
a negative chlorine ion moves close to the trivalent cation. In the other half cell the opposite
happens and a negative chlorine ion is pushed away by the divalent cation. To preserve global
charge neutrality of the half cells, either a positive ion moves from the reduction half cell to the
oxidation half cell or a negative ion moves in opposite direction. When moving between the half
cells ions pass a micro-filtration membrane. All these processes are driven by electric potential
gradients.

+ Diffusion is the ionic flux due to a concentration gradient. Because the redox reaction neither
creates nor absorbs dissolved ions, there are no local concentration gradients within the half
cells. The ion transfer between the half cells does however cause a concentration difference
between the half cells. This concentration gradient causes a diffusive force that counteracts the
electrostatic force for migration. This internal resistance results in a decrease of the operating
cell voltage. The loss of potential as a result of the concentration difference (Y ) is
given by equation 2.5.

Y =—In — (2.5)

In this equation represents the temperature, the gas constant, the Faraday constant and

/ the ratio of the concentrations in the two half cells [33]. Usually the concentrations are
sufficiently high such that the relative concentration difference is small and the resulting internal
resistance is negligible.

» Convection does not play a role in the transfer of ions between the half cells because the local
fluid velocity has no component perpendicular to the membrane.
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The electrolyte and the membrane resistance are the main contributors to the ionic resistance. The
ionic conductivity in aqueous electrolytes ranges between 50 and 400 mS/cm, depending on aspects
such as ionic size, concentration, pressure and temperature [5][34][35][36]. The membrane is a mi-
croporous separator which is permeable for solutions (i.e., water with ions) and impermeable for solid
particles. It conducts ions and is an insulator for electronic current. Its ionic conductivity depends on
many factors including electrolyte composition, pH and temperature. The ionic conductivity of a com-
mercially available microporous membrane in an aqueous 1 M solution was reported to be in the
range of 4 mS/cm to 9 mS/cm. Membrane thickness typically ranges from 20 ym to several hundred
micrometers [37].

2.2. Fluid Dynamics

A fluid dynamics model is set up to analyse the flow of the electrolyte through the SSFB. There are
various different approaches to fluid dynamics. The conventional fluid dynamics approach uses a
macroscopic description of the fluid and treats it as a continuum. The presence of individual particles
is ignored and macroscopic fluid properties are treated as continuous variables. In this description the
motion of fluids is governed by conservation of mass, momentum and energy.

» Conservation of mass is given by the continuity equation:
—+¥%V(1)=0 (2.6)

In this equation  represents density, time and velocity.

» Conservation of momentum for incompressible fluids is given by the following equation:
i+‘]Wﬂf‘| =£k% + VY] +] (2.7)

Here represents pressure, dynamic viscosityand! external force. The left side of the equation
describes the total acceleration and is the sum of local acceleration (due to unsteady flow) and
convection. The right side of the equation is the total force exerted and consists of a pressure
term, a viscous drag term and an external forcing term.

» Conservation of energy can be described in terms of total energy or in terms of internal energy.
Total energy is the sum of a kinetic term for bulk motion ( /2) and an internal energy term ( ).
It can be shown that conservation of total energy is equivalent to conservation of internal energy.
The internal energy conservation equation is given below [38]:

Q+°IM(‘| Y=£kV|+ —+ —+ —+ @ —+ —
(2.8)
+ —+ —+ —+ —
In this equation is the fluid’s internal energy, 1 is the heat flux and (with , e[, , ]are

the components of the stress tensor.

In addition to the conservation equations, an equation of state is needed to close the system. The
equation of state relates local thermodynamic state variables (temperature, pressure, density, internal
energy, entropy) to each other. Due to the convection term in the Navier-Stokes equation the system
of equations is nonlinear and hence hard to solve analytically [38].

An alternative to the continuum fluid dynamics approach is to treat fluids as a collection of particles.
Such descriptions avoid the nonlinear Navier-Stokes equation by calculating the dynamics of each par-
ticle individually. Microscopic particle based descriptions treat individual molecules separately using
Newton’s dynamics whereas mesoscopic particle based descriptions of fluids track collections of par-
ticles via for example kinetic theory. Kinetic theory forms the basis for the Lattice Boltzmann method.
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2.2.1. Kinetic Theory

Kinetic theory is a mesoscopic representation of fluids that tracks collections of molecules via a particle
distribution function [38]. The particle distribution function (1,1, ) represents the density of particles
with velocity 1 at position | and time . The particles move with a certain velocity and interact with each
other via collisions. The Boltzmann equation 2.9 governs the the evolution of the distribution function.
It captures both what happens in collisions and in between collisions.

— % +]—WsaT =3() (2.9)

In this equation is the body force, is the density and Z( ) is a source term called the collision oper-
ator. In each collision, the collision operator brings the distribution function towards a local equilibrium
while conserving mass, momentum and energy. The particle distribution function is related to macro-
scopic quantities such as velocity and density. As an example, the macroscopic density is the integral
of the particle distribution function over velocity space (equation 2.10).

(.,)= G.1,) 1 (2.10)

Via the Chapman-Enskog analysis it can be shown that the macroscopic fluid dynamics equations can
be derived from the Boltzmann equation. This means that kinetic theory is capable of describing the
macroscopic behaviour of fluids [38].

2.2.2. Computational Fluid Dynamics

Generally, fluid dynamics problems are hard to solve analytically, even in case of simple problems. In
many cases numerical solution methods are preferred. Computational fluid dynamics (CFD) solves
fluid dynamics problems numerically with the help of computers. Conventional numerical fluid simu-
lation methods use the macroscopic picture and treat fluids as a continuum governed by discretised
versions of the continuity, Navier-Stokes and energy equation. Since this system of equations is nonlin-
ear, complicated iterative schemes are needed and approximation errors are inevitable. Particle based
fluid simulation methods on the other hand, do not solve the fluid mechanics equations directly but cal-
culate the behaviour of particles that make up the fluid. These particles represent individual molecules
(microscopic picture) or collections of many molecules (mesoscopic picture). A common difficulty in
particle based fluid simulations is bridging the gap between the particle picture and the macroscopic
picture of the fluid. For this reason, microscopic particle based simulations typically are not suitable
for CFD. As mentioned in section 2.2.1 kinetic theory is connected to the macroscopic fluid dynamics
equations and hence capable of describing macroscopic fluid behaviour. Therefore, the lattice Boltz-
mann method, a numerical method which stems from kinetic theory, is suitable for CFD simulations. In
this research the lattice Boltzmann method is used to simulate the flow of the electrolyte through the
SSFB [38].

2.2.3. Lattice Boltzmann Method

The lattice Boltzmann method (LBM) has its origin in kinetic theory and cellular automata and describes
fluids via a particle distribution function. While kinetic theory uses a continuous distribution function,
LBM reduces the degrees of freedom by discretising time, coordinate space and velocity space. Ve-
locity space is discretised by defining a small set of velocity vectors {] } and corresponding weights
{ }. Particles are restricted to this velocity set, meaning they cannot move in any other direction.
The discrete particle distribution function (1, ) represents the density of particles at position | that
have velocity 1 at time t. A discretised form of the Boltzmann equation, the lattice Boltzmann equation
(equation 2.11), governs the evolution of the discrete particle distribution function.

G+1v, +Y)= 0. )+z0,) (2.11)

In this equation = (1, ) is the discretised collision operator. The distribution function is related to
macroscopic variables like density and velocity through its moments:

#1 0,)

a,)= a.), 10,)= )

(2.12)
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In LBM the pressure is proportional to the density as given in equation 2.13. The proportionality constant
is the speed of sound ( ) squared.

= (2.13)
Cg Cy Cs

Velocity Sets
The velocity set characterises the discretisation of ve-
locity space. It is specified by 2 numbers labeled D and Cs 0 C1
Q. The former gives the number of spatial dimensions 3
and the latter the amount of velocity directions. As an VL
example, the D2Q9 velocity set is a commonly used set ¢ e ey X
for lattice Boltzmann models in two dimensions. It has _ _
9 velocities (illustrated in figure 2.3) with corresponding Figure 2.3: D2Q9 velocity set.

X k The particles are restricted to
weights given by: =-, ~=-and = =-—. these 9 velocities.
Algorithm

LBM uses an iterative algorithm that updates the particle distribution function every iteration until it
has reached an equilibrium. Each iteration consists of 2 steps: collision and streaming. Each time
step the particles collide, meaning that particles at time t and coordinate | are redistributed among the
velocities 1 (i.e. the particles stay at location 1 and get a different direction). Mass, momentum and
energy are conserved in collisions. In between collisions, particles stream with velocity 1 from lattice
point | towards the neighbouring lattice point located at| + 1 'Y . Collision and streaming are depicted
in figure 2.4 for the 2 9 velocity set.

f, f,

Figure 2.4: Particles collide and are redistributed over the velocities. After collision the particles stream from their lattice point to
neighbouring lattice points. Collision and streaming occur at each lattice point. Left: Initial distribution. Center: Distribution after
collision. Right: Distribution after streaming step.

Collision Operators

Collisions are modeled by applying a collision operator. It brings the distribution function towards a
local equilibrium and conserves mass, momentum and energy. There are multiple collision operators,
each with its own (dis)advantages. The preferred choice of operator depends on the details of the
simulation.

* The simplest operator is the Bhatnagar-Gross-Krook (BGK) operator:

S()=% Y (2.14)
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This operator brings the distribution function towards alocal equilibrium on a timescale defined
by relaxation time . The relaxation time has a lower an upper bound for stability and accuracy
reasons and is directly related to kinematic viscosity via equation 2.15. (The kinematic viscosity
is the dynamic viscosity divided by the density .)

= t'Y 2.15
- 2 (' )

Therefore, the BGK poses limitations on the viscosity: high viscosities result in reduced accuracy
and low viscosities lead to instabilities.

» The multiple-relaxation-time (MRT) operator is a matrix with multiple different relaxation times.
Owing to the fact that it has much more free parameters to tune, a wider viscosity range can be
used. This comes at the cost of increased computational time [38].

+ Alternatively, the filter matrix lattice Boltzmann method (FMLB) can be used. Unlike the BGK
and MRT schemes, it uses a nonlinear collision operator. Like the MRT collision operator, the
FMLB method allows for a wide viscosity range, but comes at the cost of increased computational
time [39].

Chapter 3 explains how LBM is implemented for a fluid dynamics model of the SSFB.

2.2.4. Pumping Power

During charging and discharging, the electrolyte suspensions are pumped through the battery half cells.
Friction at the walls causes loss of energy. To compensate for wall friction the flow is driven by a pump.
The energy loss as a result of friction limits the overall energy efficiency of the battery. Hence, for an
efficient flow battery, the power lost in pumping must be minimized. The pumping power depends on
fluid properties (viscosity and density), on flow velocity and on the geometry of the channel.

Ffriction
u(0,y) = u "t =constant H
y | — —_—
X — —>
(0,0)/ anct\on
[oF P2

Figure 2.5: Schematic illustration of flow through a two dimensional rectangular channel with height . The inlet velocity
is uniform. The flow is driven by a pressure gradient ( ) and slowed down by wall friction. These two forces compensate
each other.

The pump applies a pressure difference between the in- and outlet ( £ ), which compensates for
the friction force such that the net force acting on the fluid is zero. In case of a two dimensional parallel
plate flow as depicted in figure 2.5, both forces act in x-direction such that:

= (£ )t =0 (2.16)

The wall friction can be calculated from the CFD simulation output in two different ways, which should
yield the same result.

1. Rewriting equation 2.16 gives a direct relation between the pressure difference and the friction
force:
= ( £ )= (2.17)
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UDWHGLIIHUIURP WKHIXQFWLRQVGHMMVMHEWM G @ HYSIH &S KDES@MWDO PHWKRG ||
DQG FRQGXFWLYLW\PHDVXUHPHQWYV
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7KLV FKDSWHU GHVFULEHY WKH LPSOHPHQWDWLRQ RI WKH ODWWLFH %ROW
RIWKHIORZEDWWHU\ $OJLQDWH EDVHG HOHFWURO\WH VXVSHQVLRQV DUH
GHSHQGV RQ WKH VKHDU UDWH &RQVHTXHQWO\ YLVFRVLW\ LV D IXQFWLR
XSGDWHG HDFK WLPH VWHS ,Q SUHYLRXV VWXGLHV WKH 057 DQG )0/% SHUIF
DQG LQ VRPH FDVHV DFFXUDF\ WKDQ PHWKR G>@& V@ Q J WSKIHF 200 R § B WDWRZU
YLVFRVLWLHV WKH %*. H{TSHULHQF @@V YK H ¥ ZT V& Y0 D% DOIHWY KHUHIRUH FK
LQ WKLV UHVHDUFK IRU WKH VLPXODWLRQ RI IOXLGV ZLWK YDU\LQJ YLVFRYV
EDVHG RQ WKH 057 FROOLVLRQ RSHUDWRU DQG WKH RWKHU RQH HPSOR\LQJ
RWKHUZLVH LGHQWLFDO ZKLFK DOORZV DWRGF RPDERKM DAKH R G 6IFWLRS Y0/ %
PRGHO UHVSHFWLYHO\ 6XEVHTXHQWO\WKH JHRPHWU\IROWREZIRG EMD LV H¢
GLVFXVVLRQ RI WKH ERXQGDU\ FRQGLWLRQV LQ VHFWLRQ

OXOWLSOHS5HOD[DWLRQ 7LPH /DWWLFH %ROW]PDC(
7KH LGHD EHKLQG WKH 057 FROOLVLRQ RSHUDWRU LV WR XVH PXOWLSOH L
D UHVXOW LW KDV PRUH IUHH SDUDPHWHUV WKDW FDQ EH WXQHG WR DFKLI
PRPHQW VSDFH DQG DUH GHVF U+ E®E\ HTXDWLRQ

e W Jr r Ape W rge027%60 e O ¢ €1 O rAT

7TKHUH DUH PXOWLSOH RSWLRQV RRLQW UDHO/D RIWDRVQ ROKWVBBMWHNVHDUFK WKH
*UDP 6FKPLGW WUDQVIRUPDWLRQ PDWUL[ DQG FRUUHVSRQGLQJ UHOD[DWL
YHORFLW\ VHW WKH PDWULFHYVY DDRGLY ®Q E\HTXDWLRQV
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D é é é G
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6\PER®Y ¢ UHSUHVHQW WKH UHOD[RDVQE@®@UBWHVYHENHOUH HODWHG WR \
,Q VLPXODWLRQV RI QRQ 1HZWRQLDQ IOXLGVY WKH YLVFRVLWLYDULHYV F
IXQFWLRQ RIWLPHDQG SODFH

'KHQ WDNLQJD FORVHU ORRKHMRIOTOXIVWRRFEDQ EH GLYLGHG LQWR VWF

$f7KH SRSXODWLRQV DUH WUD Qgy MR PRG HQR\RVWYIRIKRIRDW K PDWUL[ PXO\
FDWLRQ ZLWK PDWUL]

I1(DFK PRPHQIW UHOD[HG WRZDUGV LWV HTXLOLEd) LKLY DO XHKIHWHT K DY
DOHQW WR PDWUL[PXOWLSOLFDWLRQ ZLWK GLDJRQDO PDWUL] 6

$7KH SRVW FROOLVLRQ PRPHQWYV DUH WUDQVIRUPHG®EDFN WKURXJK

7TKH1XPHULFDO SURFHGXUHIRUWKHO057/DWWLFH %ROW]PDQQ PHWKRG
RIHIWHUQDO IRUFHV L®JLYHQ EHORZ >

,QLWLDOL]DWLRQ

¥, QLWLDO YDOXHVY DUH FKRVHQ IRUWKHGHQVLW\ YHORFLW\DQG
+3DUWLFOH GLVWULEXWLRQ IXQFWLRQLVY FDOFXODWHG EDVHG RC

dr GO g GO G Gl

q)L'l/ebAjU/ub Wi

& b < b
f5HOD[DWLRQ UDWHY @UHK,VHWDV g, G, A % A
wh” Jﬂ%y> @ +HUBLY WKHLQLWLDO NLQHPDWLF YLVFRVLW\
&RPSXWDWHRYRW)\ DQGWHDOWRHWRQVHUYHG PRPHQWV RI WKH SDUW
WLRQ T
WS g Gy ET

b
ERPSXWDWIRQRUEULXP SDUWLFOH GLVWULEXWLRQ IXQFWLRQ
G Wr Gl
hl/a

;o o br bre”
§ W up, Wi 7" e ¢

7TUDQVIRUPBRRRQWRSDKKHHS RS XODWLRQV DUH WUDQVIRUPHG IURP Y
PHQW VSDFH E\PDWUL[PXOWLSOLFDWLRQ

A A
b E° b AE?°

7KH UHVXOWLQW,PRPRGWVUYKDYH OLNH WKH SRSXODWLERQV LQ YHOF
FRPSRQHQWVY GHQRWWEHEWFRRUGLQDWH GHSHQGHQW

&RPSXWDWILKR@®RIUDWH DQG NLQHPDIVHLFRALSHARNQWY RI WKH VWUDLG
ar rq aq rr DUHJLYHQ E\ HTXDBVLRQ

A A
$ $ Ky EDA6 Gol, G Wee! GO
bAEeLEC

) U/ 1
z ¢ WA r

7KH VKHDU UDWH IROORZV IURP WKH VWUDLQ UDWH WHQVRU >

- ~ A VA .1, VA
A Oqr W 4 W 44 0" ,, 0O



J)LOWHU ODWUL[/DWWLFH %ROW]PDQQ OHWKRG

8VLQY W ,, WDVFDQEHVHHQ LQ HIVKDWALIRREOLILHV WR

. ~ REA A Y
a0, W o4, ", U0

I WKHNLQHPDWLF YLVFRVLW\A\LVDIXQFWLRQRIVKHDUUDWHLWLV XSGL

1OXLG
g oy — mh
O
"KHURLY WKH IOXLG FROQVLVWHOQF\ PRM AR L B QA Z WKKHDGX @ E\G RIR Q O H V V
SRZHU ODZ L@GHRY IOXLGY ZLWK PRUH FRPSOH[ VKHDU EHKDYLRXU D FX
YLVERVLW\ VKHDU UDWH GDWD LV XVHG WR FRPSXWH WKH QHZ YLVERVLV

5HOD[DWLRQ PDWUBHOHOWWRBR®QQBWHW GLUHFWO\ UHODWHG WR WKH NL©(
FRVLW\

G Woan W =
8VLQJ WKLV HTXDWLRQ 6UNOCGS[GMW.RQ PDWUL|[

&ROOLWDR®Y SODFH LQ PRPHQW V S H) HFKH @PR[HHQWR/ZDUGY WKH HT XL«
PRPHQWWW D SDFH GHWHUPLQHG E\GWKHUHOD[DWLRQ U® WH

k$"P W kg We g WEK U/g,kaj Gd

7TUDQVIRUPPWQRRBLWR VRERHZ PRPHQWYV DUHWUDQVIRUPHG EDFN WR YH
DPXOWLSOLFDWLRQ Z0AN K LQYHUVH PDWUL]

A
g W $ RAZKY'P W
dA®°

BWUHDPBQD SDUWLFOHMWIRPRW K YUHFOFR © DW/MLFE 19 1S RLIQBRR X ULQJ ODWWLFH
W JrUHVXOWLQJLQ D QHZ SDUWLF& H Gy WUREXRXBGDYNQFRQBOWLRQV
DUH DSSOLHG DORQJ WKH HGJH Rl WKH VLAROERUR Y IG\R RQLVQK H HERW DS
FRQGLWLRQV

7KH SRVW VWUHDPLQJ SDUWLFOH GLVWULEXWLRQ IXQFWLRQ LV WKH VW

6WHS WRUHSHDWHG XQWLO FRQYHUJHQFH

JLOWHU ODWUL[/DWWLFH %ROW]PDQQ OHWKRG
7KH )0/% ZDV RULJLQDOO\ SURSRWHG E\ ERPHUDVY EHHQ LPSURYHG DQG H[V
DPRQJVW RWKHHW B\OaK X )0/% WKHODWWLFHEROW]PDQRQVHEXIDWHREQ HTXI
RQDVWDJIJHUHG FRRUGLQDWH WLPHJULGDQG FRQQ&A/DLQV D QRQOLQHDU FF
\G m

Ya

My, oy Mmoo me
r 1/40(, %OUIW rc,—%O

Ar

7KH %ROW]PDQQ HTXDWLRWREWOLWHRBE VHFRQG RUGHU 7D\ORU H[SDQVLR
WLFH %ROW]PDQQ HTXDWLRQ )LUVW RUGH UL7Q FRPE IHY 5 IVQ RIQRZY. RVIKHTE R D W [LF
HTXDWLR® DGV WR DQ H[quﬂa/ve\?;zfmgﬂ"éuv D IXQFVWLEBQIRQG WKH FROOLVLRQ
RSHUDWRU

q O/

Ube

.. WAr At . Ar
gUW ¢— rg—U e W g— U, e

7KLV HTXDWLRQ FDQ EH VROYHG XVLQg,D Q@G FRUVHEGR QIGILVQHI ROMWLRQ Y H
7KH VROXWLRQ YHFWRU LV GHILQHG DIy, WIKWMKP ®IWIL L P B \G L S&VIULEW LR R Q Il X
. .. WAr AT
64 W $ JdbebUU/q% rg—U
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9LFH YHUVD WKH SDUWLFOH GLVWULEXWLRQ IXQFWLRQ LV REWDLQHG

A»
Jab

Updpd

b Ar. ..
g UL/ q%r r q—rU $ uplpHdg W
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JRUWKH' 4 YHORFEDRQGVHMA GHILQHG DV
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7TKHILOWHU PDWUL[LVLQGHSHQGHQW RIWLPHDQG SRVLWLRQ ZKLOH Wi
GHQWDQG FKDQJHVHYHU\WLPHVWHSDVDUHVXOWRIFKDQJHW®LQ GHQ'

7KH 1XPHULFDO SURFHGXUH IRU WKH ILOWHU PDWUL[ ODWWLFH %ROW]
DEVHQFH RIH[WHUQDO IRUBHV LV DV IROORZYV >

QLWLDOIOQXDLWLL\RIQKRVHQ DQG WKH LQLWLDO SDey(w/LJ%@SH eI WULEXW
g LVFDOFXODWHG XVLQIDHWXDW LYO® XHV DWBEERWVHQ IRU

3UH FROOLVLRQ VREXWLRRQSGHFMWHRGE DMH® RETXDWLRQ

&ROOLWHORFLW\ FRRBSRI@HENVWDQG SRVW FROOLVLRE \URIDWHV LR Q
GHWHUPLQ4GUURP

8SGDWH RI IOXLG SWRVHG WROQHYRV W FROOLVﬁdﬁRQ/\GH-ﬂQX\/W[WFE)QG'HFWRl
NLQHPDWLF IWRRAHVXSEDWHG

F7KHGHQVLW\A\IROORZYV GLUHFWO\ I(bﬁRP WKHILUVW FRPSRQHQW R

$7KH VKHDU UDWH LV FRP $™XDAMQHEE X"VERB S\RQGH @MW VIRVKH NLQHPDWL
YLVFRVLW\LV D IXQFWLRQ RI VKHDU UDWH LW LV XSGDWHG DFFRI

. P .
\/ N gA»
y A 5 A

JRUIOXLGV ZLWK PRUH FRPSOH[ VKHDU EHKDYLRXU D FXUYH ILW V
UDWH GDWD LV XVHG WR FRPSXWH WKH QHZ YLVFRVLW\

7KISRVW FROOLVLRQ SDUWLFOHngJA/%/lUmEémeRFQEl\MQEwmeQURP WK H
FROOLVLRQ VR GXWY R HTHMWRLR Q

6WUHDPEBEQD SDUWLFOHMWRRWK YUHROR © DWIMLFE 19 IS RLIGER X ULQJ ODW W
o Jbr %RXQGDU\ FRQGLWLRQV DUHDSSOLHG DORQJ WKH HGJH RI Wt
HODERUDWHV RQ WKH ERXQGDU\ FRQGLWLRQV 7KH UHVXOWLQJ GLY\
& e,0 “ﬁm r 0 e,0 W “ﬁm r AT, OFRUUHVS R GRUWWRKH QH[W
WLPH VWHS

6WHS WRUHSHDWHG XQWLO FRQYHUJHQFH



*HRPHWU\

*HRPHWU\

7TKHDFWLYH SDUW RI WKH 66)% FRQVLVWY RI WZR KDOI FHOOV VHSDUDWHG |
KDOIFHOOVDUHUHSUHVHQWHG DV WZRVHSDUDWHIORZ FKVNARHWDVY ZLWK SLC
WKHFRPSXWDWLRQDO GRPDLQ RIRQH KDOI FHOO

JLIXUH 6FKHPDWLF LOOXVWUDWLRQ RI 66)% ZLWK WKH FRPSXWDWLRQDO GRPDLQ PDUNHG |
UHSUHVHQWDWLRQ DUHFWDQJXODU SDUW RI WKH KDOIFHOO ZKLFK LY VDQGZLFKHG EHWZHHC

f)RU VLPSOLFLW\ WKH VA\VWHP LV DVVXPHG WR EH GLPHQVLRQDO L H
LQILQLWHO\ORQJLQ ] GLUHFWLRQ ,Q WKLV HDUO\ VWDJH RI UHVHDUF
SUHGLFWLRQV RIWKHIORZEHKDYLRXUDQGHOHFWULFDO FKDUDFWHULY
$GGLQID WKLUG GLPHQVLRQ ZRXOG LQFUHDVH FRPSOH[LW\DQG FRPSXV
OLPLWHG DGGHG VFLHQWLILF YDOXH

$+7KHLQ DQG RXWOHW RI WKH IORZ FKDQQHO DUH FRQQHFWHG WR WXEHYV
WURO\WH 7KHVHWXEHV KDYHVPDOOHU FURVV VHFWLRQDO DUHDV WKD(
LQJ DQG FRQYHUJLQJIORZ DW WKHLQ DQG RXWOHW 7KHVHLQ DQG R)
\ FRPSRQHQW RI WKH IOXLG YHORFLW\LQ DQG RXWOHW LV DVVXPHG WR

tf7KHYHORFLW\DW WKHLQOHW LV HIWHUQDOO\LPSRVHG E\WKH SXPS DQ
WKHIOXLG IORZY VPRRWKO\RXW RIWKHFRPSXWDWLRQDO GRPDLQ L H
WKH VLPXODWLRQ LQ WKHFRPSXWDWLRQDO GRPDLQ

$Q H[DPSOH RI D VSDWLDOO\ GLVFUHWLVHG ODWWLFH IRU SPUD®OHO SODW
VTXDUH OD\8OILAMELMKSRLQWYV LQWEBWGWLEHRPWRLRYYQQ WKH\ GLUHFWLR(
LV GLVFUHWLVHG XVLQJWKH' 4 YHORFLW\ VHW ZKIH & DLW VGIHACFHU GE M & U Q BVXH
IXQFWLRQ KDV FRPSRQHQWV DQG LV GHILQHG DW HDFK ODWWLFH SRLQW
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JLIXUH 6FKHPDWLF LOOXVWUDWLRQ RI SDUDOOHO SODWH JHRPHWU\ ZLWK GLVFUHWH
JKRVW QRGHV ZKLWH DUH GHSLFWHG ZLWK WKHLU LQGLFHV L DQG M 7KH JKRVW QRGH
FRQGLWLRQV 7KHLQIORZ YHORFLW\LV FRQVWDQW WKH YHORFLW\DW WKH ZDOOV LV JHL

%RXQGDU\ &RQGLWLRQV

%RXQGDU\FRQGLWLRQV PXVWEHFKRVHQ LQ VXFK ZD\WKDW WKH VLPXC
VLWXDWLRQ 7KLV VHFWLRQ GHVFULEHV WKH ER XIQQGEIHW BRGFRAWLR QW

:DOOV
7TKHIOXLG YHORFLW\A\LV JHUR DW WKH ZDOOV 7KLV LV HVWDEOLVKHG E\
FRQGLWLRQ 7KHPRVWFRPPRQDSSURDFKLQWKHODWWLFH %ROW]PDQ
LVWKHERXQFH EDFR® PHKMKRH®ORFLWLHY RI SDUWLFOHY WKDW KLW WKH .
SDUWLFOHVDUHUHIOHFWHG EDFNWR ZKHUH WKH\FDPH IURP ,Q WKH EF
DSSUR[LPDWHO\ KDOIZD\ EHWZHHQ WZR ODWWLFH QRGHYVY 7KHUH DUH
PHWKRG

F, QWKHIXOOZD\ERXQFH EDFN PHWKRG LW WDNHV WZR WLPH VWHSYV
SRSXODWLRQV WKDW DUH GLUHFWHG DW WKH ZDOO PRYH WR D QRC
FROOLVLRQ VWHS WKHLUGLUHFWLRQVDUHUHYHUVHGDQG WKH\VW
RUGHUDFFXJDWH >

F QWKHKDOIZD\ERXQFHEDFNWKHSDUWLFOHVDUHDVVXPHG WR KLW
VWHS 7KHLU GLUHFWLRQV DUH UHYHUVHG GLUHFWO\ DIWHU ZKLFK
PHWKRGLVVHFRQG RU@G@HU DFFXUDWH >

%HFDXVH RI LWV EHWWHU DFFXUDF\ WKH KDO1ZD\ ERXQFH EDFN PHWKR
LPSOHPHQW WKH KDOIZD\ ERXQFH EDFN PHWKRG DQ H[WUD VHW RI ODV
JKRVW QRGHV 7KH\DUH ORFDWHG DORQJWKH VROLG IOXLG ERXQGDU\
LQJ VWHS WKH SDUWLFOHV DORQJ WKH ERXQGDU\ WKDW DUH GLUHFWH (
QRGHV DQG UHYHUVHG DV VKRA@U@WIKEIXWHUHDPLQJ VWHS WKHVH SDUW
JKRVW QRGHV LQWR WKH IOXLG 7KLV ZD\ WKH SDUWLFOHV FRPLQJIURP
FRPLQJ IURP WKH IOXLG ERXQGDU\ QRGHV UHVXOWLQJLQ D QHW JHUR "
HQVXUHV WKDW SDUWLFOHY FDQQRW OHDYH WKH IOXLG WKURXJK WKH 2
JLIXUHVKRZV WKH FUHDWLRQ RI JKRVW QRGHV DQG SRSXODWLRQV DW \
WLRQV DW WKH JKRVW QRGHY DUH REWDLQHG IURP WKH SDUWLFOH GLV\
IROORZLQJPDQQHU

fEv e WM egEv [n9lZK]
gEv ' e,Ev [nolzk]
fEv WM e Ev [alzky



%RXQGDU\&RQGLWLRQV

JLIXUH ,OOXVWUDWLRQRIERXQFHEDFNERXQGDU\FRQGLWLRQ 7KHJUH\UHJLRQUHSUHVH(
JKRVW QRGHV DUH ORFDWHG LQVLGH WKH ZDOOV /HIW %DVHG RQ WKH SRSXODWLRQV RI WKH I
PLUURU SRSXODWLRQV DUH FUHDWHG DW WKH JKRVW QRGHV 5LJKW 3RSXODWLRQVLQ WKH IO

7KH SRVW VWUHDP L §JIPTREXPMAMSDRG |URP W KéiDSQUGH JKW VWIFR®H SRSXOD
WLROBEA HTXDWLRQV

"PEvV [W9lZKT o Ev [olZk]
e9"PEy [olZkf o Ev o [WpolZkY
e)"PEvV [WIIZKT efEV 0!
e)"PEv [Wolzkf ¢ Ev Wpnalzky
g)"PEv [Wolzkf g Ev [fpolzkr
ed"PEvV [Nolzky eva(; A
e PEV [WIlZKT  efEv @M
e "PEYV

v

[palzky eAEv MWnolzkr j
[olZk] eiEv ¢ [Rpolzkr ]

,QOHW

7TKHLQOHWDQG RXWOHW DUH RSHQ ERXQGDULHY ZKHUH WKH IORZ UHVSHFV
WLRQDO GRPDLQ $VWKHH[DFW SK\VLFDO EHKDYLRXURXWVLGHWKHERXQG
DSSUR[LPDWLRQ KDV WREHPDGHDWRSHQ ERXQGDULHY WR FRXSOH WKH VI

7KH LQOHW ERXQGDU\FRQGLWLRQ PXVW LPSRVH D XQLIRUP LQIORZ YHORFL
WHFKQLTXHV WKDW FDQ DFKLHYH WKLV ,Q OLQN ZLVH PHWKRGV WKH ERXQ (
EHWZHHQ WKH ODWWLFH QRGHYV ZKHUHDV LQ ZHW QRGHDSSURDFKHV WKH O
DU\ ,Q WKLV UHVHDUFK WZR ZLGHO\ XVHG YHORFLW\ ERXQGDU\ WHFKQLTX|
ZHW QRGH DUH LPSOHPHQWHG DQG FRPSDUHG 7KH ERXQFH EDFN %% PH
HTXLOLEULXP ERXQFH EDFN ERXQGDU\ 1(%% PHWKRG 7KHLQOHW ERXQGLE
VWUHDPLQJVWHSDQG FDOFXODWHY WKH XQNQRZQ SRSXODWLRQV ORFDWH
LQJ SRSX@DMLRDUH XQNQRZQ 7KH RWKHU SRSXODWLRQV DUH NQRZQ 7K
PHWKRGV DUH H[SODLQHG EHORZ

IT7TKEERXQFH EDFN ERXQGDLDV\IPBIMKXNRGELVH DSSURDFK ,W ORRNYVY OLNH WKH
PHWKRG ZLWK DQ DGGLWLRQDO WHUP 7KLV HIWUD WHUP LPSRVHV D FKI
IOXLG YHORFLW\DW WKHLQOHW LV WKH SUHVFULEHG LQOHW YHORFLW\
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FRPSXWHG DFFRUGLQJ WRHTXDWLRQ

l;{br b%Q"m
e w efel w¢ ug 2
Br sl A
h . Wr pgldam
e w el wg ou, WT
Hbr b%Q"m
& w ef°l w¢ u W

$$OWHUQDWLYHO\ D XQLIRUP LQOHW Y H ORRFQ WITIXD Q [EEULLPXPORHRPXHEPIA H
PHWKR/&LV LV D ZHW QRGH PHWKRG $IWHU VWUHDPLQJ WKH GLVW.L
ILQG WKH XQNQRZQeS8& X EDWHB®Q WKH NQRZQ SRSXODWIERQV HTX

bg b
e w e, w —s39°¢
) , b aeb
& W ex W — g¢ée — °%¢
\ , b geb
& W ex W — g¢6 - °%°¢

2XWOHW
7TKH RXWOHW ERXQGDU\ FRQGLWLRQ VKRXOG UHDOL]JH D VPRRWK FRQW
DUHPDQ\ZD\VWRHVWDEOLVK WKLY $QDORJRXVO\WR WKHLQOHW ERX
QRQ HTXLOLEULXP ERXQFHEDFN ZHW QRGH PHWKRGFDQEHDSSOLHG
YHORFL@GV\+RZHYHU ZKHQ DSSO\LQJ WKHVH WZR PHWKRGV DQG FRPSDU
WKDW WKH FKRLFH RI RXWIORZ ERXQGDU\ WHFKQLTXHLQ VRPH FDVHV L
WKHVLPXODWLRQ RXWSXW 7KLVLV XQGHVLUDEOHVLQFHWKHWZRPHW
I1HLWKHU RI WKHVH WZR ERXQGDU\ WHFKQLTXHV JDYH VDWLVIDFWRU\ U
RWKHU ZLGHO\ XVHG RXWIORZ ERXQGDU\ WHFKQLTXHV ZHUH LPSOHPHQ
&9 PHWKRG WKH 1HXPDQQ PHWKRG DQG WKH HEWUBDB\W DWW GRS (3 Pt
SHQGHODERUDWHRQ WKH FRPSDULVRQ RI WKHERXQGDU\WHFKQLTXHV

7KH RXWIORZ ERXQGDU\FRQGLWLRQ LV DSSOLHG DIWHU WKH VWUHDPLC
XODWLRQV DW WéHPXQBOHWKBUFRRQYHFWLYH PHWKRG WKH QRQ HTXLO
PHWKRG DQG WKH DQWL ERXQFH EDFN SUHVVXUH $%% PHWKRG RQO\F
WKH RXWIORZERXQGDU\ 7KH 1HXPDQQ PHWKRG DQG WKH H[WUDSRODW
WKH RXWIORZ ERXQGDU\ EDVHG RQ QHLJKERXULQJ SRVW VWUHDPLQJ S
QLTXHV DUH OLVWHG EHORZ

1&RQYHFWLYH PHKWKRBQRZQ SRSXODWLRQV DWW8gH RXODVUIWREZERXQG
ODWHG EDVHG RQ WKHLU SUHYLRXV YDOXHV DQG/ R Q,W KHDRMONRLFAHV\

SRLQW
he] s / s
_ §°THe wr weg i o ow
& e W v w
; S Ar
y w Sq q & W_AV
IRYu> >@

$T1RQ HTXLOLEULXP ERXQFHEDFN PHWHKHRK® NRARZ QH\REXECHHDWE. RQ V
DUHFDOFXODWHG EDVHG RQ D SRVW VWUHDPLQJH[WADSRODWLRQ
8 Sqé W e, Sé we—si"Mw o

e, Syé W¢ e PR
Syé W exs Sqi 2w ——d % Sq i — osShnmyy
q A 2q q
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%RXQGDU\&RQGLWLRQV

7KH RXWOHW YHORFLW\LV GHILQHG DV

& Sué W ey, Sqé W ey S5é W

SHnmW ¢

o
& Sqgé W €, Sqé W ex Sqé W
o

t1$QWL ERXQFH EDFN PHWKRGKRYV BSBUYRBBK LPSRVHV D SUHVVXUH DW W
ERXQGDU\ ,W LV VLPLODU WR WKH UHJXODU ERXQFH EDFN DSSURDFK W
GLIIHUHQFH ZLWK WKH UHJXODU ERXQFH EDFN DSSURDFK LV WKDW WKH
QHJDWLYHLQVWHDG RI SRVLWLYH $Q H[WUD WHUPLVDGGHG WRWKHHT
SUHVVXUH SURILOH 7R PRGHO D FRQWLQXRXV VPRRWK RXWIORZ WKH F
YDOXH HYHU\EZK MU Wl o 7KLV OHDGV WR WKH IROORZLQJHTXDWLRQV
DWWKHJKRVW QRGHVY WKDW DUH ORFDWHG WR WKH ULJKW RI WKH FRPS)

N T mYa ‘nm Y
g S tgme gy

& Spe W ceR®lSie w o uao 7 ¢ Y
~ U:]- t'Tg] mYa thn m 1‘/.4
8 Sq¢ W ce®ls;e w ou,.0 7 ¢ Y
R w mYa l'.%n m 1{4
& Sq¢ w ¢ée'fls;e w o u, .0 lcbrh% ¢ hl/"U

7KH RXWOHWSYHORENWRZQ DQG LV HVWLPDWHG E\H[WUDSRODWLRQ RI W
DU\QRGHDQG WKH YHORFLW\ BN LWV OHIW QHLJKERXU >
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FIHXPDQQ PHWKRG ZLWK JHURKLS HBIMWKORMELYHWY WKH[ GHULYDWLYHV RIW
WR JHUR 7KH SRSXODWLRQVW D8y RXWIUOREDIRFXWDWHG IURP WKH QHLJK
SRSXODWLRRQ¥Y DW@
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F((WUDSRODWLRDKRNVERRK@GDU\ WHFKQLTXH FDOFXODWHY WKH SRSXODW
RQ WKH SRSXODWLRQV RIWKH SUHYLRXV@&@ZR QRGHV LQ WKH[ GLUHFWL
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7TKHQRGHV LQ WKHFRUQHUV RI WKHFRPSXWDWLRQDO GRPDLQ ERUGHU ERW
WKHVH QRGHV WKHLQ RXWOHWERXQGDU\FRQGLWLR@QRYHUUXOHYVY WKH ZD
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$VGHULYHG LQ WHKHWMIORHFWULF SRWHQWLDOLQWKHIORZFKDQQHORIDQ®66)9
WKDW KDV WKH IRUP RID FRQVHUYDWLHRQ QDW HHTKOMYWAHRRHWKRG )90 LV D €
WHFKQLTXHIRUGLVFUHWLVDWLRQRIGLITHUHQWLDO HTXDWLRQV WKDW GH)
LQYDULRXVILHOGV LQFOXGLQJIOXLG G\QDPLFVY KHDW WUDQVIHUDQG HOH
WKH FRPSXWDWLRQDO GRPDLQ LV GLYLGHG LQ FRQWLJXRXV QRQ RYHUODS
GLITHUHQWLDO HTXDWLRQ V LV DUH LQWHIJUDWHG RYHU HDFK FRQWURO Y
YHUWHG LQWR D VXUIDFHLQWHJUDO E\WKHGLYHUJHQFH WKHRUHP 7KH VXL
LOWHIJUDQG WKURXJK WKH VXUIDFHRIWKHFRQWURO YROXPH 6LQFH WKH F|
RXWRIDFRQWURO YROXPHHTXDOV WKHIOX[LQWR LWV QHLJKERXULQJ FRQ
VIVWHP RIHTXIEBNLRQV >

7KLV FKDSWHU H[SODLQV KRZ WKH ILQLWH YROXPH PHWKRG LV LPSOHPHQW
IRUWKH HOHFWULF SRWHQWLDO DQG WR FRPSX\8HWFKH EBW WK E DO RIFNWWW
DQG JRYHUQLQJ GLIITHUHQWLDOWR MW LIRQ H@WMHFROMROWLRQ LV GLVFUHW
D FRXSOHG OLQHDU V\VWHP RI HTXDWLRHQV\ VAKHR RL ® VHFWILRQV LV UHZ UL\
PDWUL[HTXDWLRQ DQG VROYHG IRU WKH HO HHF|8 O DR © R WHK® VELHIUA. Y)Y DR @ R
LQWHUQDO UHVLVWDQFH IURP WKH HOHFWULF SRWHQWLDO

*HRPHWU\

,Q WKLV VWXG\ WKHIORZFKDQQHO LVUHSUHVHQWHGDV D FXERLGDO UHVLYV
GXFwWLYLW\ 7KH UHVLVWDQFH LV VDQGZLFKHG EHWZHHQ WZR SDUDOOHO F
LVDSSOLHG $V GHULYMKHHOHFWIREG SRWHQWLDOLQDFRQGXFWRU LV GH\
, QWHJUDWLQJ WKLV H[SUHVVLRQRGEBDYS P RQWWRE BROKBHHQFH WKHRUHP L
IROORZLQJHTXDWLRQ IRUWKHHOHFWULF SRWHQWLDO
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7KH SK\WVLFDO PHDQLQJRI WKLV HTXDWLRQLVY WKDW WKHQHW FXUUHQW WK
HQFORVHD FXUUHQW VXUFH LV ]JHUR >

7KH FRPSXWDWLRQDO GRPDLQ FRQVLVWY RI WKH IORZ FKDQQHO WZR SDUD
WRS DQG ERWWRP RI WKH FKDQQHO DQG D VXUURXQGLQJPHGLXP 'LULFKO
DW WKH VXUIDFH RI WKH SDUDOOHO SODWHYV DQG DW WKH HGJH RI WKH FRF
VHFWLRVKH ZLERWWKH IORZ FKDQQHO LQ WKH] GLUHFWLRQ LV VXIILFLHQWO\
LQ WKH] GLUHFWLRQ L H WKHV\VWHP LVLQGHSHQGHQW RI] FRRUGLQDW!I
GLYLGHG LQWR YROXPHHOHPHQWY WKDW FRYHU WKH HQWLUH ZLGWK RI WK
GLPHQVLRQDO
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YLIXUH JORZ FKDQQHO DQG VXUURXQGLQJ GRPDLQ UHSUHVHQWHG RQ UHJXODU TXDG
LQKRPRJHQHRXV FRQGXFWLYLW\ 'DUN JUH\ UHJLRQV 3DUDOOHO FRQGXFWLQJ SODWH\
6XUURXQGLQJPHGLXP ZLWK ORZ FRQGXFWLYLW\ /LJKW JUH\ UHJLRQ (GJ*¥RTKRPSXWDW
VTXDUH RQ WKH ULJKW KDQG VLGH RI WKH LPDJH LV WKHPDJQLILFDWLRQ RIRQH ODWWLF|

'LVFUHWLVDWLRQ

7R GLVFUHWLVH WKH SUREOHP WKH FRPSXWDWLRQDO GRPDLQ LV GLY
Aw ADQGEx \ 7KLV UHVXOWV LQ D TXDGULODWHUDO JULG LQ WKHI[ \ S
WKHFRPSXWDWLRQDO GRPDLQ,QWYRKRYQ DQ GO WMXUHSUHVHQW UHVSHFWL
FRRUGLQDWHYV RI WKHHOHPHQWY ,Q WKHILIXUH IRXUUHJLRQV DUH GL

$)ORZ FKDQQHOI KBDDOHRZ FKDQQHO FRQVLVWYV RI PDQ\ YROXPH HOHPH
FRQG X FWg YaiL W\

$3DUDOOHO SODWHE YRIMWKDIWHLY DSSOLHG RYHU WKH IORZ FKDQQH:
SRWHQWLDO LQ WKH X5 SHQSD DWW KOHVE R WW R SODWH D W

F6XUURXQGLQJPHGLXRHARWIXFWLYLW\RIWKHVXUURXQGLQJPHGL!:
WKDW DOO FXUUHQW IORZV WKURXJK WKH IORZ FKDQQHO

$(GJH RI FRPSXWDWLRQDO GRPDREOAGNVIKWKIHUM\VWHP RI HTXDWLRQ\
SRWHQWLDO DW WKH HGJH RI WKH FRPSXWDWLRQDO GRPDLQ LV VHYV
DSSURDFKHV JHUR LQILQLWHO\IDUDZD\IURP WKH SODWHYV 7KHUHIF
LIl WKH HGJH LV IXUWKHU DZD\ IURP WKH FRPSXWDWLRQDO GRPDLQ
WLPH +HQFH D WUDGH RII PXVWEHPDGHEHWZHHQ DFFXUDF\DQG F

JRUFXERLGDO YROXPH HOHPWHQWAUHLTXDAMQ R Y
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8 E'cey 8 Jfev
7TKHIRXUFRPSRQHQWYV UHVSHFWLYHO\UHSUHVHQW WKHHOHFWULF FXU
LWV HDVWHUQ ZHVWHUQ QRUWKHUQ DQG VRXWKHUQ ERXQGDU\ )ROC
HOHPHQWLQWHUIDFHV DUHDSSUR[LPDWHG XVLQJD FHQWUDO GLIITHUHC

R ,QWHULRU YROXPH HOHPHQWY DUH WUHDWHG VOLJKWO\ GLIITHUHQ
SDUDOOHO SODWHRUDUH ORFDWHGDW WKHHGJH RI WKH GRPDLQ >

t$vV DQ H[DPSOH WKHFXUUHQW IORZLQJ WKURXJK WKH HDVWHUQ ER
LVIJLYHQ E\HTXDWLRQ
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6ROXWLRQ OHWKRG

,QWKLVHTXDWLRQ WKHFRQGXFWLYLW\DW WKHLQWHUIDFHLVY DSSURT!

g - W g h g h

7TKH FXUUHQW WKURXJK WKH QRUWKHUQ VRXWKHUQ DQG ZHVWHUQ ERX
HTXDWLRQV &RPELQLQJ W KUWHDIGNKWKIHK DRMOLARRYZ LQJ HTXDWLRQ IRU WKF
LOWHULRU YROXPH HOHPHQW
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tf, Il KRZHYHU WKHHOHPHQW ERXQGDU\LVY ORFDWHG DW WKH HGJH RI WKH
GHUVRQHRIWKH SDUDOOHO SODWHYV D'LULFKOHWERXQGDU\FRQGLWL
WKHHOHFWULF SRWHQWLDO DUHWKHQ DSSUR[LPDWHG E\HLWKHU WKH
PHWKRG )XUWKHUPRUH WKHFRQGXFWLYLW\DW WKH ERXQGDU\ LV DV\
WLYLW\DW WKHFHOO FHQWHU $VDQ H[DPSOH WKHFXUUHQW WKURXJK
ERXQGDU\FRQGLWLRQLVJILYHQ E\HTXDWLRQ
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&RPELQLQJ WKLV ZLWKHOXWDODWKRQROORZLQIJHTXDWLRQ IRUWKHIOX[ RX
RQH 'LULFKOHW ERXQGDU\FRQGLWLRQDW LWV HDVWHUQ ERXQGDU\
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6ROXWLRQ OHWKRG

JRU HDFK YROXPH HOHPHQW DQ HTXDWLRQ WKDW GHVFULEHVY WKH HOHFWU
HTXDWLRMRQYG (DFKHTXDWLRQLY OLQNHG WR WKHHTXDWLRQ RILWV IRXU
FDXVH RIWKHVKDUHG ERXQGDU\VXUIDFH (J 7KHIOX[RXWRIWKHHDVWH
WKH VDPH DV WKH IOX[LQWR WKH ZHVWHUQ ERXQGDU\RI LWV OHIW QHLJKE
OLQHDU VAVWHP RIHTXDWLRQV 7KLV VA\VWHP LV UHZULWWHQ LQ WKHIRUP R

ox ¥

0 LVDVTXDUHPDWUL[ ZLY}K G4 RBH QD QRQNH RIDRUEK D YH OHgIWK, Q
WKLV HT ¥ojWL B@ WHSUHYHQMAOO HTXDWLRQV DUH WUDQVOD\WRAG LQWR FRP
& $VDQ H[DPSOH HTVDWBICR@ XS LQWR IRRWDOREPBRIQ AR WSRBIKEQ W R
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g h g MvAX
Aw
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7KH UHVXOW DQUVPDD WNQGHG PDWUL[ $ GHGLFDWHG 3\WKRQ IXQFWLRQ
VROYHV WKH PDWUL[HTXDWLRQ H[DF WV @\ LI\ WIKQQAREAMDR @XVELER Q) FRUK D

(OHFWULF &XUUHQWDQG 5HVLVWDQFH

$VSUHYLRXVO\PHQWUBQHBHWKHHQ\ND?YROXPHHOHPHQMH/UHSUHVH
IORZLQJ EHWZHHQ WKHP VHKHFXDWHR® FDQ WKHUHIRUH EH FRPSXWH
SRWHQWLDO DV GHVFULEHGLQ HTXDWLRQ
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7KH IOX[HV DUH GHILQHG DW WKH LQWHUIDFHVY EHWZHHQ HOHPHQWYV UL
JULGRIWKHFXUUHQW\ @ [ BQWIPMWHERLUHFWLRQ ZLWK UHVSHFW WR Wk
JULG DQG WKH JULG RI WKH FXUUHQWAWD L\ GG\L GH B W EG Q RKIHNWWKDIGHNHODI. E
DUH VFKHPDWLFDOO\GHSLFWHG LQ ILJXUH

YLIXUH 6FKHPDWLF LOOXVWUDWLRQ RLWUHHG LI BEKPRDWLF LOOXVWUDWLRQ RIIORZ F
JULGV IRU HOHF W EICFDSRW FQWUBQW LY XUURXQGLQJ PHGLXP RQ D UHJXODU TXDGULODMW
[ GLUHFWE®XQH DQG FXUUHQW LQ \ GLUHMPBORFRQWRXU \HOORZ OLQH WKDW LV XVHG W
UHG 7KH SRWHQWLDO LV GHILQHG LBXWKH BMOMKIULRXRK WKH IORZ FKDQQHO 7KH VXUUF
ODWWLFH VLWHYV ZKLOH WKH FXUUHQW® DVRGHVIRUH ¢ ®WVAXKKMWHQW EHWZHHQ WKH WZR S
LQWHUIDFHVY EHWZHHQ ODWWLFH VLWHY  WKURXJK WKLV \HOORZ FRQWRXU

7TKHUHVLVWDQFHLV FRPSXWHGE\GLYLGLQJWKHYROWDJHDSSOLHGRY
WKURXJK LW DV GHVFULEHSVEWHKHHAXDWEZRFEDQQHO KDV QR VLQNV RU VR
LV FRPSXWHG E\ VXPPLQJ RYHU WKH FXUUHQW WKURXJK DQ\ FRQWRXU
OHO SODWHV DQG VSDQV WKH HOQWLUH OHQJWK RI WKH IORZ FKDQQHO
VWUDLIJKW OLQH DV VKRZQ LIRWHORRY V@ UDIXIKW FRQWRXU RQO\\ FRPS
DUHUHOHYDQW VXFK WKDW WKH WRWDO FXUUHQW LV JLYHQ E\HTXDWLI

4
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'HVFULSWLRQ RI ([SHULPHQW
SKHR LPSHGDQFH OHDYV X

7KLY WKHVLVY DQDO\WHYV WKH HIITHFW RI lORZ EHKDYLRXU RQLQWHUQDO HOF
FKDUDFWHULVWLFV YLVFRVLW\DQG FRQGXFWLYLW\ SOD\D GHFLVLYH UR
IXQFWLRQV RIVKHDU UDWH 7KH YLVFRVLW\DQG FRQGXFWLYLW\RIWKHDT X
EODFNSDUWLFOHV KDYHQRW\HWEHHQ GHWHUPLQHG 7KHUHIRUH WKH GDW
FDUERQ EODFN VXVSHQVLRQAWXWHVEHEY/ WRKQV UHVHDUFK 3UHVXPDEO\ WK
FRQGXFWLYLW\ ZKLFK DUH ERWK IXQFWLRQV RI VKHDU UDWH RI WKH DOJL
QRQ DTXHRXV FDUERQ EODFN VXVSHQVLRQ GXH WR WKHLU GLIITHUHQW FRP
FKDUDFWHULVH WKHYLVFRVLW\DQG FRQGXFWLYLW\RIWKHDOJLQDWHHOH
RIWKHLQWHUQDO UHVLVWDQFHDQG SXPSLQJSRZHU )XUWKHUPRUH YLVFR
EH XVHG WR VWXG\ WKH LQIOXHQFH RIIDFWRUV VXFK DV WHPSHUDWXUH S-
RQWKHHOHFWULFDODQG UKHRORJLFDO SURSHUWLHYV 7KLV ZRXOGDOORZ
ORZLQWHUQDO UHVLVWDQFHDQG ORZ SXPSLQJORVVHYV

7KLV FKDSWHU SUHVHQWY WKH H[SHULPHQWDO GHVLJQ IRUVLPXOWDQHRX
PHQWY RYHU D UDQJH RI VKHDU QWWR& X BHWV WKRQH[SHULPHQWDO VHWXS
VHFWLRBQVFXVVHVY WKHWRUTXH PHDVXUHPHQWV DQG WKH SRVW SURFHVVL!
VKHDUUDWH UHODWLRQH)EQDD@Y WKRAWRBRBRGDQFH PHDVXUHPHQWY LQ PRU
SRVHV D SRVW SURFHVVLQJDOJRULWKP WR FRQYHUW WKH PHDVXUHG LPSH
UDWH UHODWLRQ

([SHULPHQWDO 6HWXS

7KHH[SHULPHQWDO VHWXS QHHGHG IRUVLPXOWDQHRXV YLVEFRVLW\DQG FR
PDLQ FRPSRQHQWV

5 KHRPHWKUV GHYLFHFRQVLVWV RIWZR  FLUFXODU FRDQGDMSDUDOOHO
EHWZHHQ ZKLFK WKH IOXLG LVVDQGZLFKHG 7KH XSSHIUKEOBIWHBRWDW F
ORZHU SODWH LV NHSW VWDWLRQDU\ 7KH UKHRPHWHU PHDVXUHV WKH W
WKH IULFWLRQ RI WKH IOXLG DQG PDLQWDLQ WKH DQJXODU IUHTXHQF\
I[UHTXHQFLHV UHVXOWLQJLQ WRUTXHDVYD IXQFWLRQ RIDQJXODU IUHT?

f'LHOHFWUR UKHRORJLFDB®IGHGHFHFHFSHUIRUPY HOHFWULFDO LPSHGDQ|
7KH SDUDOOHO SODWHY SOD\ WKH UROH RIHOHFWURGHYVY 7KH'5'DSSOL
SODWHVDQG PHDVXUHV WKHUHVSRQVHLQ WHUPV RIHOHFWULFDO FXUU
UHDODQGLPDJLQDU\SDUW R[I| WRHHRB®HRGDMHGE IRUD UDQJH RITUHTXHQFI
LQDI\TXLVW GLDJUDP %DVHG RQ WKH I\TXLVW GLDJUDP DQG XVLQJDQ
WULFDO FLUFXLW WKDW UHSUHVHQWY WKHIOXLG DV D QHWZRUNRIUHVL
WKH VRIWZDUH RI WKH '5' GHULYHVY WKH YDOXHV RI DOO HOHFWULFDO FR
,Q WKLV PDQQHU WKH LRQLF DQG HOHFWURQLF UHVLVWDQFH RI WKH HC
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IRUDUDQJH RIDQJXODU IUHTXHQFLHY UHVXOWLQJLQ WKH UHVLVW
V\’(e"\mkhgb\ V\éhgb\ > @

$ VFKHPDWLF LPDJH RI WKHUKHRPHWHU LV VKRZQ LQ ILIJXUH

JLIXUH 6FKHPDWLFLOOXVWUDWLRQRISDUDOOHO SODWHUKHRPHWHU 7KHIOXLG OLJ
YROWDJHLVDSSOLHG 7KHORZHUGLVNLV VWDWLRQDU\ DQ G MKKHUIKIHFRPH @/IHNPHDVXWHV

WRUSYWHKDW LY QHHGHG WR PDLQWDLQ WKHDQJXODU IUHTXHQF\ 7KH »EDSEK EHIRZLWKQH U
RIUDGLDO ELVWDQFH

9LVFRVLWN\OHDVXUHPHQWYV

$ UKHRPHWHU PHDVXUHVY WKH WRWDO WRUTXH QHHGHG WR PDLQWDLQ
UDZ PHDVXUHPHQW RXWSXW RI WKH UKHRPHWHU LV WRUTXH7EY\D I XQF
GDWD PXVW EH FRQYHUWHG LQWR G\QDPLF YLVYFAEAQWPLDV¥ B LUXREWLR\QDR
WRUTXH ZKLFKLV WKHSURGXFWRIIRUFHDQG OHYODHQGDUP DUH UHODW

Q
Y p AD p pcp
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,QWKHVH HVADMWERKDBLVN pIWEIHXWIDGI® O GLVWDQFAHKNM N HDIXUWUHVV
DIXQFWLRQ RI VEABURKDWRI WXUQ LV UHODWHG X\ RWRLDO GLVWDQFH

1, QD F\OLQGULFDO FRRUGLQDWH VI\VWHP WKH FR WG XQDW KR VY HWUR

LQ WDQJHQWLDO GLUHF@ DRIDDQ G BHQIKWWH UKHRPHWHU WKH 10X
YHORFLW\ FRPSRQHQW

t7KHVKHDU UDWH LV JLYHQ E\
s.
/D p—
X
t7KH RQO\IRUFHV DFWLQJ RQ WKH IOXLG LQ WKH IORZ GLUHFWLRQ D
ORZHU SODWH :KHQ WKH XSSHU SODWH URWDWHY DW D FRQVWDQ!
IRUFHVY FDQFHO HDFK RWKHU RXW 7KHpQHR IR P DEWEZQWRQ D UL
DQEGXLQILQLWHVLPDOO\ LV ]JHUR 7KLV PHDQV WKDW WKH VKHDU VYV

X 6XxHTXDOV WKH VKHDU VWUHVV DW WKH £ RWAMVDR P VAKKIH D EJHY RV UMK/
QRW D IXQRWLRQ RI



9LVFRVLW\OHDVXUHPHQWYV

$7KLV DOVR PHDQV WKDW YLVFRB/LV)b-%’PQG QRMDIDGEBMHQGHQFH 7KH
WDQJHQWLDO YHORFLW\ WKXV LQFUHWRHY OLQHDUO\ ZLWK KHLJKW IURF

p X
M

7KH VKHDU UDWH LV SURSRUWRRQDO WR UDGLDO GLVWDQFH
. S. p
X M

$V WKH G\QDPLF YLVFRVLW\ LV XQNQRZQ DQG GHSHQGV RQPKHPRMUDWH W
EHUHZULWWHQ DV GLUHFW UHODWLRQ EHWZHHQ VKHDU VWUHVV DQG WRUT

9LVFRVLW\ &RQYHUVLRQ OHWKRG
&URVVDQG . OY®KDYHGHYHORSHGDQDSSUR[LPDWLRQPHWKRGWRGHULYH
WKH WRUTXH LQ DVLPSOH ZzD\ WLV EDVHG RQDIRUPXOD WKDW UHODWHYV
SODWHUKHRPHWHU WR DSSOLHG WRUTXHLQ WKHIROORZLQJ ZD\

cY W
Yy ——
c

,QWKLVHTXDWLRQ VKHDUVWUHVV L@E%Q[BWGH(QQFHRH@mDQ\DU IUHTXHQ
YRUD IHZWRQLDQ IOXLG WKH WRUTXH LV SURSRUWLRQDO WR WKH VKHDU VW
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'KLOH WKLV UHODWLRQ GRHVY QRW KROG IRU QRQ 1HZWRQLDQ IOXLGV &UR\
SLHFHZLVH OLQHDL@;QQ@.ZJWI—!}LH—NM(K\H LQGH[ RI WKH LQWHUYDO 7KLV PHDQV
LQ LQWHVYDDWWHQ DV

Y Y, F, IRU, -

,Q WKLV HFAIMVVWDIHRRRRVWDQW GHVFULELQJWKHVORSHRIWKRPEQRWQRRQ DW DC
WKLV ZLWK HTXIDMLR @ R
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7KLVHTXDWLRQ UHODWHY WKH WRUinmewmwamwwm@mm VWUHVYV DV

—i—g 7KH WRUTXH DQJXODU IUHTXHQF\ FXUYH FDQ WKHUHIRUH EH FRQYHUW

FXUYHE\E\PXOWLSO\LQJWKH PHI?/%—(@(@@CGVWHKMTF)R—UWMG’)SPFR‘QB\LQJ DQJXODU IU

E\Z2DV VXPPDUL]HG LQ HTXDWLRQ

W
o
M

)LQDOO\ GLYLGLQJ WKH VKHDU VWUHVY E\ VKHDU UDWH\LHOGV WKH G\QDP/|
JURVVO\VLPSOLILHVY WKH VLWXDWLRQ &URVVDQG .D\HXK@®YHIRXQG WKDW \
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&RQGXFWLYLWN\OHDVXUHPHQWYV

7KLV VHFWLRQ ]JRRPVLQ RQ WKH FRQYHUVLRQ RIUHVLVWDQFH DV D IXQ|
WLYLW\DV D IXQFWLRQ RI VKHDU UDWHW KM FBH @ WD RRQUIKEVLWY KHH BWY R\QW D
DUDQJH RIDQJXODU IUHTXHQFLHV RI WKH UKHRPHWHU $V WKH RXWHL
YHORFLW\WKDQ WKH SDUWV RI WKH SODWHK"OREFFWHEG FW R M K WHRDW KUD W
YDULHV WKURXJKRXW WKHVDPSOH ,WLVWKHUHIRUHQRW VWUDLJKWIR
DQJXODUIUBTXHQMW LQWRFRQGXFWLYLW\DV D | X @B WKIRIMHRWKKHBWUE
VHYHUDO PHWKRGV IRUWKH FRQYHUVLRQ RI WRUTXH LQWR YLVFRVLW\
DQG .D\H WKDW ZDV SUHVHQW ® HQLWHFIVDLIRFRHW KRG IRU WKH FRQYHUVL
LQWR FRQGXFWLYLW\ ZDV IRXQG 7KHUHIRUH D GHGLFDWHG DOJRULWI
FRQGXFWLYLW\ZDV GHYHORSHG DV SDUW RI WKLV WKHVLV 7KHDOJRUL
XVHG E\ =XBEWHMO® WR GHWHUPLQH YLVFRVLW\ IURP WRUTXH PHDVXUHP
VLIQLILFDQW GLIIHUHQFI$0 DAHPWAL R DOJRULWKP LQ GHWDLO

&RQGXFWLYLW\&RQYHUVLRQ OHWKRG
7KLV IOXLGIV URWDH WQRQIXG PHWURMLAVDV D | XQE & URG R D KpHOLLIWW/D QHF ®f
E\ HT XD W L RIDYG

SXIO—MIO
cs
CcX Mp

7KH PHDVXUHG FRQGXFWDQFH LY WKHWRWDO FRQGXFWDQFH EHWZHHQ

RI'WKHFRQGXFWLYLW\RYHU
Q

O . p pcp
$V VKHDU UDWH LV SURBRDWILRQKLWRQWHJUDO LV FRQYHUWHG LQWR L

UDWH XAEH D QGB W2

Q MR
O p pcp U-u AD ADC AD

o o

1 AR
7KHPD[LPXP VKHDU UDWH UHDFKH%QJ\N—J(—% HARSGIHIUL PHHQOWHK KN FRQGXFWLY
UDWHFXUYHIURP WKHH[SHULPHQWDO FRQGXFWDQFH DQJXODU IUHTXI
XS L@WRHQO\ VSDFHG UHALBEY RQEIZHWKGLQGHS ; @

7KH DOJRULWKP EXLOGY WKH FRQGXFWLYLW\ VKHDU UDWH MCUYH UHF
(YHU\ LWHUDWLRQ VWHS LW PRYHX YERQAEKEGIHWHH WP KQHHUMKIHWHR Q G X F W
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SHVXOWV DQG 'LVF>

7KH JRDO RI WKLV UHVHDUFK LV WR HYDOXDWH WKH LQWHUQDO HOHFWULFD
LWV GHSHQGHQFH RQ IORZEHKDYLRXU 7KHIORZLVVLPXODWHG ZLWK D ODV
DQG WKHLQWHUQDO UHVLVWDQFH LV FRPSXWHG ZLWK D ILQLWH YROXPH PR
DQG HOHFWULFDO SURSHUWLHV Rl WKH DOJLQDWH EDVHG HOHFWURO\WH

KDYHQRWEHHQ FKDUDFWHULVHG \HW 7KHUHIRUHD QRQ DTXHRXV FDUERQ
OHVV VLPLODU WR WKH DOJLQDWH HOHFWURO\WH DQG ZKLFK KDV EHHQ FKD|
GLVEFXVVHG LQ VHFMNRRI® WKH PRGHOV DUH XVHG WR VLPXODWH WKH FDUER
PXVW EH YDOLGDWHGD BHEMURY DQG RSWLPLVHY WKH WZR ODWWLFH %ROW
EHQFKPDUN IOXLGV 6XEVHTXHQWIQ QLWWHRMOXPH PRGHO LV YDOLGDWHG 7
SUHVHQWY WKH UHVXOWV RIIOXLG G\QDPLFV VLPXODWLRQV RI WKH FDUERC
ILQLWH YROXPH FRPSXWDWLRQ RI LQWHUQDO UHVLVWDQFH 7KH IORZ EHK
DUH HYDOXDWHG IRU PXOWLSOH LQIORZ YHORFLWLHY $GGLWLRQDOO\ WK
VSDWLDO FRQYHUJHQFH DQG DVVHVVHV WKH LPSDFW Rl VRIRRPUMRU DV VX |
RXW DQG UHIOHFWV RQ WKH UROH Rl WKH FDUERQ EODFN HOHFWURQLF UH\
)LQDOO\ VHEWVYRQLEHY WKH YDOLGDWLRQ RI WKH FRQGXFWLYLW\FRQYHUV
LQ FKDSWHU

ODOLGDWLRQRI)OXLG '\QDPLFV ORGHO

7KH /%0 PRGHOV DUH EHQFKPDUNHG E\ VLPXODWLQJ WKH SDUDOOHO SODW|
WRQLDQ FRQVWDQW Y MKAHOML WK LFNHP L QU5 | DQG VKHDU WKLQQLQJ
gy P s %\ FRPSDULVRQ RI WKH VLPXODWLRQ UHVXOWY WR WKH D¢
DQG)0/% ODWWLFH %ROW]PDQQ PRGHOV DUH YDOLGDWHG DQG WKH EHVW FF
IRXQG

$QDO\WLFDO 6ROXWLRQ
7KH SDUDOOHO SODWH JHRPHWU\ LV VFKHP QRWLKH OCOX LGHGLFMWH G V. @ 1L PIOOH

JLIXUH 6FKHPDWLF LOOXVWUDWLRQ RI SDUDOOHO SODWH IORZ JHRPHWU\ 7KH EOXH DUUR
UHJLRQ IRUGHYHORSLQJIORZDQG WKHIXOO\GHYHORSHG UHJLRQ DUH GLVWLQJXLVKHG



5HVXOWV DQG 'LVFXVYV

WKH VIVWHP LV DVVXPHG WR EH WZR GLPHRQGHBERGHQBGH VWU IHISODQQ
VHFWLRMXLY DSSUR[LPDWLRQ LV YDOLG IRU SDUDOOHO SODWHWHYKLFK
WKH DQDO\WLFDO VROXWLRQ RIDIXOO\GHYHORSHG IORZ R D SRZHU OI

_Ya®

. Csbd29%7 julliasen lD_ NF
v w p9 gh» ¢ M T G
E H

'KHU$9LV WKH LQOHWAWHD MPLWH BEGIKW RI WKH FKDQQHO 7KLV HTXDW
VWDQW IOXLG GHQVLW\ WKURXJKRXW WKH IORZ FKDQQHO ,Q WKH ODW
WR UHODWHG WR SUHVVXUH DV GHWROWL BHG W\LIRTXDAMWORIW YV LQ D SUF
LQWKHIORZGLUHFWLRQ DQG KHQFHLQD GHQVLW\JUDGLHQW &RQVHT
YDWLRQ RIPDVV WKHDYHUDJH YHORFLW\LQFUHDVHV LQ WKHIORZ GLU
UDWKHU WKDQ YHORFLW\ SURILOHVY DUH SORWWHG WR YDOLGDWH WKH
YHORFLW\ DQGVGW Q¥ LW

'KHQ WKH IOXLG HQWHUV WKH FRPSXWDWLRQBY GRPBLQ gV KHQONORFL
DIWHU WUDYHOLQJ VRPH GLVWDQFH WKH IORZ LV IXOO\ GHYHORSHG DQ
WLRQ 7KHOHQJWKRIWKHHQWUDQFHUHJLRQGHSHQGV RQFKDQQHO JH

%RXQGDU\ &RQGLWLRQV
,Q VHFWLRIULRXV WHFKQLTXHV IRUWKHLQ DQG RXWOHW ERXQGDU\ FR
EHQFKPDUN FDVHV SDUDOOHO SODWHIORZRIVKHDUWKLQQLQJ 1HZWF
WR ILQG WKH RSWLPDO FRPELQDWLRQ RI ERXQGDU\ WHFKQLTXHV 6LPX
ERXQGDU\WHFKQLTXHV WKDW ZHUHRSIJUERMWMIQW KB 0 R7VIHFGVWRE® )0/% PRG
DOO EHQFKPDUN IOXLGV 7KH UHVXO WV DKL DUOHVH @ WH GKLRY B SASKH IGR
RI WKH FKRLFH RI ERXQGDU\ WHFKQLTXHV IRU VRPH FRPELQDWLRQV R
XQVWDEOH RU GRHV QRW UHSURGXFH WKH DQDO\WLFDO VROXWLRQ 7
WKH H{(WUDSRODWLRQ PHWKRG DW WKH RXIORZ LQ FRPELQDWLRQ ZLWK
)0/% WKH EHVW FRPELQDWLRQ RIERXQGDU\WHFKQLTXHV LV WKH 1HXPD
ERXQFH EDFN RU QRQ HTXLOLEULXP ERXQFH EDEN DW LQIORZ 7R KDYH
WKH ERXQFH EDFN PHWKRG ZDV FKRVHQ IRU WKH LQIORZ RI WKH )0/% PF
DUH XVHG LQ WKH IOXLG G\QDPLFV VLPXODWLRQV SUHVHQWHG LQ WKH L

%HQFKPDUNLQJ

7KLV VHFWLRQ SUHVHQWYV WKH UHVXOWY RI WKH EHQFKPDUN VWXG\
EHWZHHQ SDUDOOHO SODWHYV ZDV VLPXODWHG ZldW Ko WKW IRPORZLQJ
jdifr6 Q PP sbo PW s, S LQLWLDO.GHQVL®NIP”

7KH SURSHUWLHV RI WKH EHQFKPDUN I0OXRG DK HDAS WKLLIQ 8 GQRI & DE®WHW

7TDEOH JOXLG FKDUDFWHULVWLFV
YOXLG W\SH .LQHPDWLF YLVFRVLW\
1HZWRQLDQ y o — AAPYAA»
Y P“V LIA \ D Voo ;
6KHDU WKLQQLQJYy f2d ‘R _ = p%\p A
QRLOY ¥o™ 4y RWKHUZLVH 2
6KHDU WKLENHQLQJP U5 —‘; — Acpn

JRHVWR LQILQLW\DW JHUR § KHD YQ\W WHi IEXHORDDGHY HORSHG UHJLRQ WKH
§
LV FRPSRVHG RI |RXU—§%R%%S%D§HQ§2V LV ]HURLQ WKH FHQWHW BRI WKH FKD(



9DOLGDWLRQ RI)OXLG '"\QDPLFV ORGHO

ts, LV]JHUR HYHU\ZKHUH ZK%K%ADQV W KD W
£$V D UHVXOWV RI WKH VIPPHW IR WIQHW® R F RQIVGHQH O

t,Q WKH HQWUD%/I?/H UBKLRE LQ WKH IXOO0\ G%%YHORISHGELUNI]JFR—IB@
GHILQLWLRQ RI KHUHJLRQYV

7R SUHYHQW WKH YLVFRVLW\ IURP JRL®F,WR L% Q£ Wi \L WHI/QRD\S & B & DRW
VKHDU UDW HAgEHORZ, P> 9A> V> WKH YLVFRVLWALVWHW BV@HFWHG
WKDW WKLV ZLOO QRW \LHOG ODUJH HUURUV IRU VKHDU WKLQQLQJIOXLGV
YHU\PXFK OLNHWKH SDUDEROD RI 1HZWRQLDQ IOXLGV DQG WKH YLVFRVLW\
DURXQG WKH FHQWHU 7KH VWURQJHU VKHDU WKLQQLQJ WKH IOXLG ORZH!
SOXJIORZ ZLWK D VWHHS LQFUHDVH DW WKH ZDOOV DQG IODW LQ WKH PLGG
LV SULPDULO\GHWHUPLQHG E\ WKH YLVFRVLW\ FORVH WR WKH ZDOOV ZKLF
YLVFRVLW\LQ WKH FHQWHU

IDWWLFH %ROW]PDQQ VLPXODWLRQV W\SLFDOO\ DUH SHUIRUPHG LQ GLPHQ
SK\WLFDO TXDQWLWLHY DUHQRQ GLPHQVLRQDOLVHG &RQYHUVLRQ IDFWR!
VLRQOHVYV ODWWLFH SDUDPHWHUV DQ@WKHS HGBARYECAB\VFRRQRWHUSDHWR I:
WKH VLPXODWLRQ SDUDPHWHUV LQ ODWWLFH XQLWYV

JLIXUHWDWQG VKRZ WKHPDVV IOX[ SURILOHVDQG WKHLU UHODWLYH HUURUV F
DQG WKH )0/% PRGHO 7KHHUURULY FDOFXODWHG DV

. Sq IbfbeZmb\Wg é qSZgZermb\\ﬁe‘
Sq ZgZermb\yge ur

7KHPDVVIOX[SURILOHVVKRZDJRRG FRUUHVSRQGHQFHSZLWKWKHDQDO\WL
WKH DYHUDJH HUURU VWRLY PHORY WKDW ERWK WKH 057 DQG WKH )0/% PRGF
RIVLPXODWLQJWKHPDVV IOX[ISURI V&M B WK IZQURLEDIBQY/ KHDU WKLFNHQLQJ
| IOXLGV EHWZHHQ SDUDOOHO SODWHV IRUWKH JLYHQ LQSXW SDUDPHW
RIVKHDU WKLQQLQB"NOXAIG/@RW VLIQLILFDQWO\DIIHFW WKH IORZ EHKDYLR

D 6KHDU WKLQ@QEQIOXLG E IHZWRQLD@EI®XLG F 6KHDU WKLFNHEZLQRJ IOXLG
G 6KHDU WKLQQEQJIOXLG H 1IHZWRQLD@&EI®XLG I 6KHDU WKLFNHZLQJIIOXLG
JLIXUH ODVV IOX[ SURILOHV DQG WKHLU HUURUV REWDLQHG ZLWK 057 PRGHO IRU WKUHH IO

WKLFNHQLQJ 7RSURZ 7KH|[ YHORFLW\DV D IXQFWLRQ RI\ ORFDWLRQ DW WKH LQOHW KDOIZ
DORQJ ZLWK WKH DQDO\WLFDO VROXWLRQ %RWWRP URZ 7KH HUURU ZLWK UHVSHFW WR WKH
SORWWHG KDOIZD\WKH FKDQQHO DQG DW WKH RXWOHW
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D 6KHDU WKLQQEQMOXLG E 1IHZWRQLD@EIOXLG F 6KHDU WKLFNHELQJ IOXLG
G 6KHDU WKLQQEQMOXLG H 1HZWRQLBEIOXLG | 6KHDU WKLFN# @&L'QJ IOXLG
JLIXUH ODVV IOX[ SURILOHVDQG WKHLU HUURUV REWDLQHG ZLWK )0/% PRGHO IRU WKU

WKLFNHQLQJ 7RSS URZ 7KH|[ YHORFLW\DV D IXQFWLRQ RI\ ORFDWLRQ DW WKH LQOHW K
DORQJ ZLWK WKH DQDO\WLFDO VROXWLRQ %RWWRP URZ 7KH HUURU ZLWK UHVSHFW WR
SORWWHG KDOIZD\ WKH FKDQQHO DQG DW WKH RXWOHW

D 057 PRGHO 6KHDU WKEQQLQJ IOXLG E 057 PRGHO 6KHDU WKJEFNHQLQJIOXLG
F )0/% PRGHO 6KHDU WKEQQLQJI IOXLG G )0/% PRGHO B6KHDU WKLAENHQLQJ IOXLG
JLIXUH .LQHPDWLF YLVFRVLW\ REWDLQHG ZLWK 057 WRS URZ DQG )0/% ERWWRP URZ

WKLFNHQLQJ ULJKW IOXLGV )RUWKH VKHDU WKLQQLQJIOXLG WKHUH LV DFOHDU GLVFU
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(a) MRT model. Kinematic
viscosity profile.

(b) MRT model. Viscosity error. (c) FMLB model. Kinematic

viscosity profile.

(d) FMLB model. Viscosity error.

Figure 6.5: Kinematic viscosity profile and relative viscosity error of shear thinning fluids obtained with MRT (a and b) and FMLB
(c and d) model. For both models the relative viscosity error is higher than the relative velocity error.

Figure 6.4 shows the kinematic viscosity of the power law fluids as a function of position. From these
figures it is clear that the flow does not change significantly at the outlet. This means that the outflow
boundary condition is functioning properly. When taking a closer look at the kinematic viscosity of
the shear thinning fluids, a difference between the MRT and FMLB result of the shear thinning fluid
is observed. This is more obvious when plotting the kinematic viscosity profiles and relative viscosity
errors (figure 6.5). The kinematic viscosity obtained with the FMLB model corresponds better to the
analytical solution than that of the MRT model. For both models the relative viscosity error is much
higher than the relative velocity error. For shear thinning fluids like these, viscosity at low shear rates
depends strongly on the shear rate. As a result, small inaccuracies in velocity (and hence shear rate)
result in large viscosity inaccuracies.

6.1.4. Wall Friction

Chapter 2.2.4 introduces two methods to calculate the wall friction. One method computes the wall
friction from the pressure drop over the flow channel ( , equation 2.17). The other method uses
the shear stress at the walls ( , equation 2.18). These methods should give the same result.

The results of the friction force calculations and their relative error (equation 6.3) for the six benchmarks
are presented in table 6.2.

£
= 1 100% (6.3)
-( + )
Table 6.2: Force calculation
=0.2 =1 =2
() 0.0198 | 9.72010 0.00531
MRT ( ) ]00201 | 926010 0.00504
(%) 15 49 53
() 0.0199 | 805010 0.00534
FMLB ( )] 00201 | 883010 0.004 57
(%) 12 9.8 17

For Newtonian and shear thickening fluids the relative error (marked in red) is large (> 4%). This can
be explained when looking at the pressure in the flow channel:

* In figure 6.6 the average pressure along the channel length of a shear thickening fluid is plotted
for various grids. From this figure it is clear that the pressure at the inlet ( 2mm) is not
grid-independent, while the pressure in the rest of the channel is. This indicates non-physical
behaviour in the inlet region.

+ Additionally, the density profiles along the length of the channel were plotted for all six benchmark
studies (figure 6.7). Both the average density and the density at the walls are given. The calcula-
tion of is based on the average density. In the inlet region the average density is much
lower than the wall density. This density gradient in y-direction results in a nonzero y-velocity

. In reality the flow has no y-component. The region of the channel with nonzero density gra-
dient in y-direction thus does not describe the physical situation. When comparing wall density
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